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Abstract: Robots that enable safe human-robot collaboration can be realized by using compliant drive
units. In previous works, different mechanical designs of compliant pneumatic rotary drive units with
similar characteristics have been presented. In this paper, we present the overall control approach that
we use to operate one of these compliant pneumatic rotary drive units. We explain the mechanical
design and derive the differential equation that describes the dynamics of the system. In order
to successfully operate a pneumatic drive unit with three or more working chambers, the torque
specified by the controller has to be split up onto the working chambers. We transfer the well-known
field-oriented control approach from electric motors to the investigated pneumatic drive unit to create
such a torque mapping. Moreover, we develop optimized torque mappings that are tailored to work
with this type of drive unit. Furthermore, we introduce and compare two control algorithms based
on different implementations of state feedback to realize position control. Finally, we present the step
responses that we achieve when we implement either one of the control algorithms in combination
with the different torque mappings.

Keywords: pneumatic; rotary drive; robotics; mechatronic control system; compliance; adjustable
stiffness; high-precision; pneumatic artificial muscles; pneumatic muscle actuator

1. Introduction

1.1. Motivation

Pneumatic drive units feature intrinsic compliance due to the compressibility of pressurized air.
Hence, this characteristic makes pneumatic drive units very interesting for all robotic applications in
which compliance is mandatory. Thus, using pneumatic drive units is one possibility to realize robots
capable of safe human-robot collaboration. In the pending patent, [1], several possible mechanical
designs for drive units with similar characteristics are presented. In previous works, two drive
units with very similar characteristics were designed in detail and laboratory test stands have been
realized. Moreover, these drive units were successfully tested, characterized, and the capabilities for
the potential use in robotics, especially in human-robot collaboration, were demonstrated.

Every pneumatic actuation element uses a working chamber. When we fill the working chamber
with compressed air, it is deformed, and this deformation causes the pneumatic actuation element to
exert a certain type of force onto the system. The main idea behind these new mechanical designs
is to avoid the well-known stick-slip phenomenon that is usually generated through the contact of
the seal and the cylinder wall. Most of the pneumatic actuation elements used today are classic
pneumatic cylinders that use a piston and a seal to realize airtight pneumatic working chambers.
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To avoid the stick-slip phenomenon, we designed drive units that do not use seals to seal the working
chamber against the ambient pressure. Instead, both drive units use working chambers with elastic
walls and thus variable volume. Hence, both drive units avoid control problems originating from the
above-mentioned stick-slip phenomenon.

In [2], we introduced a rotary drive using bellow actuators while we presented a rotary drive
using pneumatic artificial muscles (PAMs) in [3]. We have reached the accuracy of the implemented
16-bit encoder, resolving 0.0055◦ with both laboratory test stands. Consequently, both drive units are
capable of high-precision positioning.

However, a suitable control system for these new types of pneumatic drive units has not yet been
presented. To operate and characterize the aforementioned drive units, a control system for position
control of pneumatic rotary drive units with three or more working chambers is necessary. In the
present work, we, therefore, explain and evaluate the mechatronic control system that we have realized
to perform position control with the drive unit presented in [3]. This particular pneumatic rotary drive
unit uses three to five PAMs as working chambers.

1.2. Related Works

A general introduction to PAMs is given in [4]. A survey on different modeling approaches for
PAMs is presented in [5]. The relations between applied pressure, current extension, and exerted force
of a PAM are quite well understood and different models are described in [6–9]. Pneumatic drive
units are in most cases designed with two identical but antagonistic working chambers. As a result,
many control approaches are investigating antagonistic configurations of various types of working
chambers. The design of a rotary drive with two antagonistic gaiters is presented in [10] and the control
of this system is presented in [11]. Fiber-reinforced gaiters are used in an antagonistic setup to create
a robotic joint, see [12]. The control of single PAMs is presented in [8,13,14] and the control of drive
configuration comprising two antagonistic PAMs is presented in [15–20]. Besides the configurations
with identical but antagonistic working chambers, configurations with different types of antagonistic
elements are also described in research. For example, an antagonistic system comprising a PAM and
a spring is described in [21]. In antagonistic drive configurations, there is always only one working
chamber capable of causing a positive or negative torque output on the drive shaft at any position
within the rotatory range of the drive unit. Hence, there is no need in the above-mentioned cases to
split the desired torque level up and distribute it over multiple working chambers. For the drive unit
that we operate in the present work, a torque distribution is mandatory to successfully operate and
control the available drive unit. We call this transformation “torque mapping” within the presented
control approach. The torque mapping problem, distributing a given torque over multiple actuators,
has been solved for electric AC-motors within the theory of the so-called field-oriented-control (FOC)
or vector control. Within the FOC, the Park–Clarke transform, also called direct-quadrature-zero
transformation (DQZ transform), solves the torque mapping problem for AC-motors. The complete
DQZ approach is well-known and for example described in [22–24].

1.3. Contribution of the Present Work

The fundamental idea behind the control approach presented in this work is to transfer the
DQZ torque mapping from field-oriented-control of electric motors to work with the aforementioned
pneumatic rotary drive unit. In two student works, basic controllers for position control have been
created and tested. Both controllers are based on state-feedback-control and they are initially combined
with the underlying and unmodified standard DQZ torque mapping, see [25,26]. We present these
controllers and we introduce three modified torque mappings that we have developed to improve
the performance of the position control. Finally, we present measurements of the step response for
different combinations of torque mappings and controllers.
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1.4. Overview of the Present Work

In this work, we propose a mechatronic control system for a pneumatic rotary drive unit that
comprises three or more working chambers. We derive all theoretic equations and we describe all
components that we developed to finally realize a position control. We go through the control scheme
presented in Figure 1 and explain the blue colored boxes in detail. In Section 2, we briefly introduce the
available laboratory test stands, including the pneumatic and electronic control components. Hereafter,
we derive the differential equation, based on the principle of angular momentum. The modelling that
represents our rotary drive unit is described in Section 3. In Section 4, we introduce four different torque
mappings followed by Section 5, where we explain the two different controllers that we developed.
Moreover, we present measurements of the step response of the drive unit in Section 6, and we discuss
these results in Section 7. Finally, we sum up the present work and we give an outlook on possible
future research in Section 8.
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Figure 1. Overall scheme of the control approach, input value ϕset, and output value ϕreal . All blue
colored boxes are described in the present paper, the grey colored box is described in [3], the red dashed
box contains the computational steps, and the green dashed box contains the steps happening in the
components of the realized laboratory test stand.

2. Mechanical Design and Laboratory Test Stand

2.1. Mechanical Design

The mechanical design of two different, compliant pneumatic rotary drive units has been
presented in [2,3]. Both designs are capable of high-precision positioning, 360◦ continuous rotation,
and both designs enable adjustable stiffness. The first developed drive unit, presented in [2], comprises
three bellow elements as working chambers. These bellows exert a pushing force. Unfortunately,
the bellow elements used in this design show a low durability. Therefore, this drive unit cannot be
used to realize and investigate control approaches. Thus, we do not further consider this drive unit in
the present work.

Unlike these particular bellow elements, pneumatic artificial muscles (PAMs) are a standard
industry product and thus very durable. Hence, the second drive unit, described in [3], comprises
three to five PAMs in a modular design. The PAMs used in this design exert pulling forces onto
the system.

In Figure 2, a schematic of the force transmission from Fi, exerted by one PAM unto the outer swash
plate, to the rotation force Fe f f is depicted, while in Figure 3, a sectional view of the three dimensional
computer-aided-design-model (3D CAD-model) and a picture of the realized and investigated drive
unit are shown. We describe the force transfer in two steps. In step one, we split up the force Fi into
the tangential force Ftan and the normal force Fnor. In step two, we split up the normal force into the
vertical force Fver and the effective force Fe f f . The tangential force is absorbed by the additional fixture,
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and the vertical force is absorbed by the structure. Finally, the effective force Fe f f causes a torque that
results in rotary motion of the drive shaft. Additionally, we make use of a four-point bearing to pivot
the outer swash plate around the drive shaft. The additional fixture, depicted in Figure 3 as g, prevents
the rotation of the outer swash plate. As a result, the pulling forces of the PAMs cause a change in the
orientation of the inclination angle β of the swash plate. Finally, this change of the orientation of the
swash plate results in a rotation of the attached drive shaft.
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Figure 2. Schematic representation of the operating principle and the force components presented
in [3], drive shaft with inner swash plate D, four-point bearing B, outer swash plate O, angular position
ϕ, inclination of the swash plate β, rotary axis A of the drive shaft, rotary axis of the outer swash plate
E. Step 1: force of the pneumatic artificial muscle (PAM) Fi, normal force of the PAM Fnor, tangential
force of the PAM Ftan, Step 2: vertical force component of Fnor: Fver, horizontal force component of Fnor:
Fef f , radius from the center of the swash plate to the force transmission point of the PAM on the outer
swash plate and semi-major axis of the projected ellipse r, current projected radius lϕ, effective lever
arm lef f , semi-minor axis c of the projected ellipse, current height h(ϕ).

Figure 3. Mechanical design of the investigated drive unit, (left) sectional of the 3D CAD-model,
presented in [3], (right) realized drive unit, presented in [3], encoder a, coupling b, cable drum c,
structure d, drive shaft e, inner swash plate f, additional fixture g, leveling foot h, PAMs i, connecting
elements j, four-point bearing k, outer swash plate l, shaft bearings m, centerline of the rotary axis n,
cable to attach load o, red arrow indicating the positive direction of rotation and ϕ.
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The mechanical structure of the drive unit is designed to prove the operating principle and to
be durable and stiff to ensure accurate measurements. As a result, the drive unit is bulky and heavy
but serves the purpose of experimental testing well. The mechanical design, the pneumatic, and the
electronic control setup, as well as the theoretical calculation and the measurement of the static torque
distribution, are described in [3]. Moreover, we characterized the properties like adjustable stiffness
and the general capability to perform high-precision positioning in the aforementioned paper.

2.2. Pneumatic Setup and Electronic Control System

We use proportional valves (FESTO, VPPM-6L-L-1-G18-0L6HV1P-S1) to set the air pressure in
the PAMs to the level given by the control system. The pressure in each PAM is controlled by one
corresponding proportional valve. The pneumatic control scheme is depicted in Figure 4.

PAM nPAM 2PAM 1

valve nvalve 2valve 1

Figure 4. Pneumatic control scheme of the laboratory test stand, this figure is presented in [3].

One out of three different predefined pressure controller modes has to be chosen in the
proportional valves. All results in the present work are obtained using the universal control behavior
(middle setting) of the valves. We use a modular programmable logic controller (PLC) to operate the
system. The PLC control comprises the EtherCAT coupler and several input and output terminals.
The exact terminals used in the PLC are listed in Appendix A in Table A3. The PLC is linked via the
EtherCAT coupler to a control PC. We used Beckhoffs TwinCAT 3 software to write the program code
for the control of the system.

2.3. Laboratory Test Stand

In Figure 5, an overview of the investigated laboratory test stand is depicted. This laboratory test
stand is used throughout the present work to investigate the different control approaches. To ensure
comparability between the different control approaches in this paper, the configuration of the drive
unit is always the same. Throughout this work, we use the configuration with the inclination β = 12◦

and n = 3 PAMs. All parameters and symbols that we use within this paper are listed and explained
in Table A4 in the Appendix A.
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Figure 5. Overview of the available laboratory test stand, presented in [3], drive unit a, proportional
valves b, air supply c, power supply d, PLC control e, Ethernet connection f.

3. Modelling

In the first subsection, we derive the system equation which is necessary to create a controller that
is suitable to operate the presented pneumatic rotary drive unit. In the second subsection, we present
the model that we use to calculate the force to pressure to length relation of the PAMs.

3.1. System Equation

The basic equation for the control of any rotary drive unit is the principle of angular momentum.
It is stated with respect to the center of gravity for a stationary object in which the orientation of the
angular momentum is not changing as

J ϕ̈ = Minternal + Mexternal = Mtotal , (1)

with J representing the inertia tensor and ω = ϕ̇ representing the angular velocity. Mtotal is the
available torque on the drive shaft, while Minternal represents the torque generated by the pulling
forces of all PAMs and Mexternal represents the torque that is externally applied to the drive shaft.
The internal torque corresponds to the total torque if no external torque is applied, which is the case
in this paper. The internal torque depends on the current angular position ϕ, the force of the PAMs
Fi, the number of PAMs n used in the drive unit as well as the inclination angle β of the swash plate.
Hence, the torque can be described as

Minternal = f (ϕ, Fi, β, n). (2)

In [3], the torque at the shaft is described as the sum of all internal torques caused by the PAMs
and follows to be

Minternal =
n

∑
i=1
−1

2
Fi sin(2β)

r cos(β)√
cos2(ϕi) + cos2(β) sin2(ϕi)

sin(ϕi), (3)

with
ϕi = ϕ− 2π

n
(i− 1), i = 1, . . . , n (4)
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describing the angular position for each of the PAMs. From this approach, we derive the differential
equation in the state space which is then used to control the drive. The torque Minternal is used as the
input from the controller u = Minternal . Using the states

x =

(
x1

x2

)
=

(
ϕ

ϕ̇

)
(5)

the total state-space representation of the differential equation can be derived from the Equation (1) as

ẋ =

(
0 1
0 0

)
︸ ︷︷ ︸

A

x +

(
0
1
J

)
︸ ︷︷ ︸

B

u. (6)

As a result of the construction of the drive, the only output is the position ϕ which leads to the
output equation

y =
(

1 0
)

︸ ︷︷ ︸
CT

x. (7)

For controlling purposes, the description of the system in the Laplace-domain, i.e., the transfer
function, is often useful and therefore stated here as

G(s) = CT(sI − A)−1B =
1

Js2 . (8)

with the Laplace-variable s.

3.2. Force to Pressure to Length Relation of the PAMs

The fourth essential block in Figure ablaufdiagramm that has to be described mathematically is
the force to pressure to length relation. The force Fi exerted by a PAM onto the swash plate is a function of
the inflating pressure pi of the particular PAM and of the current length Li(ϕi) of the PAM. The length
itself depends on the angular position ϕ of the drive shaft, hence

Fi = f (pi, Li(ϕi)) = f (pi, ϕ). (9)

For simulation and control purposes, a good description of the length of the PAM in relation to the
position is needed. To derive L(ϕ), we analyze the geometrical setup depicted in Figure 6. For better
legibility, we only look at the first muscle and therefore set ϕi = ϕ. The other muscle equations can be
obtained by using the phase offset stated in Equation (4).

From the mechanical design and the geometric dependencies presented in [3], the current length
L(ϕ) of a PAM depends on the nominal length of the PAM L0 and the current contraction γ and is
found to be

L(ϕ) = L0 − γ. (10)

The current contraction is the sum of the average contraction of γa, the variation h(ϕ), and a small
and constant but not negligible offset δL. With the average contraction

γa = r sin(β) (11)

and the variation
h(ϕ) = ±

√
r2 − l2

ϕ, (12)
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the current contraction is derived to

γ = γa + h(ϕ) + δL = r sin(β)±
√

r2 − l2
ϕ + δL. (13)

Figure 6 depicts the projection of the radius r onto the horizontal plane, lϕ in red color.
This variable is used to describe the variation h(ϕ) stated in (12). In [3], lϕ is derived to

lϕ =
r cos(β)√

cos2(ϕ) + cos2(β) sin2(ϕ)
. (14)

Due to the either negative or positive sign of the variation in Equation (12), the current length
L(ϕ) has to be derived separately for two position sections. Finally, the description of the current
length results in

L(ϕ) =

L0 − r sin(β)−
√

r2 − l2
ϕ − δL for 0 ≤ ϕ < 1

2 π and 3
2 π ≤ ϕ < 2π

L0 − r sin(β) +
√

r2 − l2
ϕ − δL for 1

2 π ≤ ϕ < 3
2 π.

(15)

φ

front view

top view

side view

isometric view

Figure 6. Front, side, top, and isometric view of the geometric relations, inclined plane of the circular
swash plate colored green, projected ellipsis in the horizontal plane colored yellow, radius r from the
center of the swash plate to the force transmission point of the PAM on the outer swash plate colored
blue, projected radius lϕ colored red, the variation of the length of a PAM is named h(ϕ) colored orange,
effective lever arm le f f colored grey, the rotary axis of the drive shaft is depicted as black dashed line.

The real parameters of all the above-mentioned variables are specified in Appendix A in Table A1.
The relation between exerted force, applied pressure, and the current length of a PAM is called force to
pressure to length relation in Figure 1. This relation is now used to calculate the pressure which has to be
applied to the PAM to generate the desired force. We did not experimentally characterize our PAMs
regarding the force–pressure–length relation, since such experiments have already been conducted as
mentioned in Section 1.2. We use the tool “MuscleSIM” from Festo to generate a data set that describes
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the force to pressure to length relation for the PAMs used in the present work. The obtained data set
specifies the force exerted by the PAM for different contractions (0, 5, 10, 15, 20, 25 mm) and pressures
(100, 200, 300, 400, 500, 600 kPa). The general approximation approach is described in detail in [25].
The data set which is used to generate the model of the PAM can be found in Appendix A, Table A2.
The approach renders linear relations between the pressure pi and the force Fi

Fi = c1 pi + c2. (16)

The offset c2 is derived by plotting the relation between contraction γ and the theoretical force at
zero pressure which results in an approximation

c2 = 0.00143286γ4 − 0.104571γ3 + 2.93755γ2 − 40.2697γ (17)

with γ in mm. The slope c2 is approximated in a similar fashion by looking at the slopes of the different
linear relations and plotting them over the contraction γ which renders

c1 = 0.000306786γ2 − 0.0548725γ + 2.67668. (18)

with γ in mm.
The model in Equation (16) finally describes the PAM with regard to the relation between exerted

force, applied pressure, and current contraction. The inputs in Equation (16) are γ in mm, p in kPa,
and the output is F in N. However, the described model can still return negative values for F, although
the PAMs can only exert a positive pulling force. This implies that all negative values for F have to be
set to zero

∀pi, γ : Fi(pi, γ) < 0⇒ Fi(pi, γ) = 0. (19)

Note that the contraction γ only depends on the position ϕ of the drive shaft in terms of the length
L(ϕ) stated in Equation (12).

4. Torque Mappings

As mentioned above and depicted in Figure 1, the controller sets the torque Minternal that has to be
mapped onto the different muscles. To realize the first torque mapping, we adopt the standard torque
mapping used in field-oriented-control to our drive unit. The second torque mapping that we present
is a simple linear approach while the third torque mapping, the simulated mapping, is derived directly
from the characterization of the mechanical design. Finally, the fourth presented torque mapping is
a slightly modified version of the simulated mapping with customized zero-crossing regions.

4.1. DQZ Torque Mapping

The first approach to map the given torque onto the three actuator system is to transfer the
field-oriented-control approach from electric motors to this pneumatic system. This approach makes
use of the combination of two transformations, the Park- and the Clarke-transform and is often also
called direct-quadrature-zero transformation, or DQZ transformation, see [22–24]. The torques M1, M2,
and M3 are generated by the pulling forces of the PAMs. The relation between the force of a PAM and
the respective torque on the drive shaft is stated in Equation (3). The main idea is to map two vectors
of a rotating system onto three vectors of a static one. In the first step, the Park-transformation is used
to transform the rotating d/q-system into the static αt/βt-system. Although being used in different
applications, in the present application it is reduced to the rotation matrix(

αt

βt

)
=

(
cos(ϕ) − sin(ϕ)

sin(ϕ) cos(ϕ)

)(
d
q

)
. (20)
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In the second step, the Clarke-transformation maps the static two-dimensional system onto the
three muscle phases fixed to the drive. Here, the geometric relations, i.e., the installation angles
between the different muscles, are used. The resulting mathematical equation is the so-called inverse
Clarke-transformation M1

M2

M3

 =

 1 0

− 1
2

√
3

2

− 1
2 −

√
3

2

(αt

βt

)
. (21)

The value q is used as the torque Minternal , i.e., q = Minternal , while d is an electric value which
can be neglected in our application. All of this results in a first approach to map the internal torque
dictated by the controller onto the three different muscles.

These two transformations combined result in a proportional mapping for each muscle and can
be calculated for every position. The amplitude is scaled by the maximum possible torque so that
a proportional value of 1 equals Minternal , as can be observed in Figure 7.

4.2. Linear Torque Mapping

The mapping resulting from the DQZ transformation relies on a drive with uniformly distributed
actuators that exert both pulling and pushing forces. Since the PAMs used in this work can only exert
a pulling force, the DQZ transformation can be applied but it is not perfectly suitable to work with the
presented drive unit. Thus, as can be seen in Figure 7, the torque mapping using the DQZ approach
is wrong in areas where only one muscle can apply torque in the desired direction. In these areas,
the torque mapping has to be weighed to one. Hence, in some areas, less than the needed torque is
exerted onto the drive shaft when the DQZ transformation is used to execute the torque mapping.
Therefore, we created a simple linear torque mapping to correct this. In this mapping, areas where a
single PAM has to account for the torque Minternal are weighted to be one. The transitions between
these areas, where only single PAM is effective, are approximated linearly. The linear torque mapping
is depicted in Figure 7, together with the DQZ torque mapping described above.

Figure 7. Torque mapping using the direct-quadrature-zero transformation (DQZ) mapping (solid line)
and the linear mapping (dashed line) over angular position ϕ. Blue: PAM 1, Red: PAM 2, Yellow: PAM 3.
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4.3. Simulated Torque Mapping

The linear torque mapping does improve the areas in which a single PAM causes Minternal , but it is
not a sufficient approximation of the nonlinear static torque distribution created by the behavior of the
PAMs and the geometric relations in the investigated drive unit. To account for these nonlinearities, we
created a mapping based on the model of the static torque distribution of the drive unit. The equations
to model the static torque distribution as well as measurements of the same are presented in [3].
The main idea is to derive the percentage xi of one PAM’s torque Mi to the overall torque M at the
maximum pressure level for each PAM at all positions. This results in a very good approximation for
all pressure levels. At each position, this results in

xi(ϕ) =
Mi(ϕ)

M+(ϕ)
(22)

for the positive torque with the sum of all positive torques M+ at the position ϕ. The same can be
derived for the negative torque

xi(ϕ) =
Mi(ϕ)

M−(ϕ)
, (23)

with M− being the sum of all negative torques. The sums M+ and M− are calculated via Equation (3)
by setting all Fi = 0 that would be causing a torque in the wrong direction. Of course, the Mi are
caused by the Fi exerted onto the swash plate. The equation for the relation between the Mi and the Fi
is derived in [3]. The Fi 6= 0 apply a torque in the desired direction and are calculated by the force to
pressure to length relation presented in Section 3.2. The result is a mapping which fits the potential of
the PAMs; it is depicted in Figure 8.

4.4. Simulated Torque Mapping with Zero Regions

As a result of the calculation of M+ and M−, there are regions of the position where only one
muscle can apply torque in the desired direction. Therefore, the result of M+ and M− is equal to zero at
several positions. Even though a division by zero does not happen in Equations (22) and (23), due to
the cancellation of the sin(ϕ), this is still a precarious operation which we intercept by extending the
zero-crossing position to a zero-crossing region in which one muscle has to account for the whole torque.

Figure 8. Simulated torque mapping with (solid line) and without (dashed line) zero-crossing areas
over angular position ϕ. Blue: PAM 1, Red: PAM 2, Yellow: PAM 3.
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As a result, we set the other muscles to zero throughout the small area around these positions in
order to not divide by zero. We chose the area to ±0.5◦ around the zero-crossing position to stay close
to the original simulated mapping, but still avoid the zero-cancellation. Unfortunately, the addition of
this modification also causes a slight decrease of 1.1 % of the maximum continuous torque that can be
applied by the drive unit. In comparison, an area of ±2◦ would decrease the maximum continuously
applicable torque by 4.67 %. This results in a slightly altered version of the simulated mapping, as can
be seen in Figure 8. Here, the zero-crossing areas are displayed in an exaggerated fashion in order to
make them clearly visible.

5. Control Strategies

The presented torque mappings map the internal torque Minternal unto the different PAMs. In order
to position the drive-shaft at a given set point position, the internal torque has to be specified by a
controller. We implement two different control strategies which both use state space control and we
compare them with regard to positioning performance. State space control means multiple states
are defined and compared to the set point values in a feedback loop. This difference is then used
to compute an input to the system. Hence, we present controllers which use feedback of three and
four states as well as different ways of control parameter tuning. The first controller compares the
closed-loop transfer function to a desired transfer function, while the second controller is based on
a standard LQR-control approach. Both control strategies are well-known and described in standard
control literature, see [27] for state feedback control and [28] for LQR-control.

5.1. Trajectory Generation

Depending on the implemented control approach, different controller inputs are required.
The state-feedback-controller is designed to work with step inputs, while the LQR-controller is designed
to follow trajectories. These trajectories are created online, as soon as the set point position is changed.
Multiple parameters have to be set to realize the trajectory generation: the transition time T, the start
position ϕ0, and the end position ϕT. The trajectory w(t) is generated with the help of polynomials

w(t) = ϕ0 + (ϕT − ϕ0)
2N+1

∑
i=N+1

ai

(
t
T

)i
, t ∈ [0, T]. (24)

Additionally, N = 2 is a parameter of the polynomial and the parameters a3 = 10, a4 = −15,
and a5 = 6 ensure a smooth trajectory when adding multiple set points by making the derivatives of
w(t) vanish in the start and end position.

5.2. Control Strategy—Simultaneous-State-Feedback-Controller

The first control approach is inspired by the control of electric drives. Its main idea is to design
parameters of the control structure so that its transfer function fits a desired behavior. To achieve
this, a control structure that includes the feedback of the current torque, the velocity, and the position
is designed. All of these are weighed by control parameters and, in a second step, an additional
integrator of the position deviation is added to form the control input to the system. The system itself
is modeled as a first-order delay for the muscle response succeeded by two integrators which integrate
the acceleration of the shaft resulting from the underlying principle of angular momentum.

The input of the controller is a step function. Optionally, it can be fed through the trajectory
generation of Section 5.1 to create the set point values for the position and the velocity. This is then
combined with the feedback signals, as shown in Figure 9, to form the control output. To derive the
parameters used in the control loop in Figure 9, the transfer function G(s) = L(ϕ)

L(w)
from the set point

w to the position ϕ in the Laplace domain is extracted. In this first step, the integrator of the control

loop is neglected. It is compared to a desired transfer function, i.e., G(s) !
= Gwanted(s), which results
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in preliminary control parameters, but also, with [29], in the time constant T1 = 0.0129 s. In order to
remove the steady-state offset, the integrator is added which results in the transfer function

G(s) =
Φ
w

=
K
K

1 + sTI

1 + sTIK1 + s2T1TIK2 + s3T2
1 TI(K3 +

1
K ) + s4 T2

1 TMTI
K

. (25)

With the help of simulations of multiple comparison transfer functions, which are defined through
the parameters in Table 1, the remaining parameter is chosen to be TI = 0.5.

w K

K3

K2

K1

ϕ̇ ϕu M

1
sTI

1
1+sTM

1
sT1

1
sT1

Figure 9. Overview of control loop with torque- and state-feedback and Integrator. K, K1, K2, and K3

are the control parameters.The set-point is w.

Table 1. Different parameters for the control loop, a: low-pass parameters with critical dampening,
see [29], b: Bessel-low-pass with low overshoot, see [30].

T TI K K1 K2 K3
a-1 0.4 0.5 0.016 1.8 107.5 286.5
a-2 0.4 1 1.0254 1.4 69.25 272.3
b-1 0.4 2 0.016 1.2 50.13 265.2
b-2 0.4 0.5 0.889 1.8 11.78 3.234

All choices render the transfer function stable but only a-1 is implemented.

5.3. Control Strategy—Modified-LQR-Controller

The second control strategy takes a different approach. It uses an extended control loop which
results in an augmented state-feedback and it has a LQR-controller at its core to calculate the control
parameters. The controller input is a set-point trajectory which is generated via the sum of polynomials
in Section 5.1.

5.3.1. Control Loop

Before the controller itself can be designed, the control loop structure has to be determined. In the
present case, a very precise positioning is pursued. Therefore, an integrator is used to remove the
steady-state offset. As shown in Figure 10 this results in a third state variable ξ.

To take this into account the states of x are augmented to

xa =

(
x
ξ

)
=

ϕ

ϕ̇

ξ

 . (26)

This results in a different representation of the model in the state space and the matrices Ã, B̃,
and C̃ are introduced
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ẋa =

(
A 0
−CT 0

)
︸ ︷︷ ︸

Ã

xa +

(
B
0

)
︸ ︷︷ ︸

B̃

u, (27)

y =
(

CT 0
)

︸ ︷︷ ︸
C̃

xa. (28)

Figure 10 depicts the control loop with the implemented LQR-controller.

∫
w e

e

KP

KI

KD
ė

ẋ = Ax + Bu

y = Cx

x = (ϕ, ϕ̇)T

Observer

ξ u y = ϕ

Figure 10. Overview of control loop with output feedback y, observer, and augmented state ξ.
The control output is u and the control parameters are KP, KI , and KD. The trajectory input to
the controller is w.

5.3.2. Controller

We use a state-feedback-controller with the parameters KP, KD, and KI to compute a controller
output u in dependence of the augmented state, i.e.,

u =
(

KP KD KI

)
xa. (29)

In this approach, the parameters are tuned via the LQR-control approach. Its goal is the
minimization of the functional

J(u, xa(0)) =
∫ t

0
xa

TQxa + uT Ru dt. (30)

Here, the two matrices Q and R allow the prioritization of the states and the inputs. With the help
of simulations and the matrices Ã, B̃, and C̃, good values for the two matrices are found to be

Q =

1 0 0
0 0.1 0
0 0 200

 , R = 1. (31)

Through the LQR-theory, this results in control parameters which we slightly altered to account
for differences between the real system and the simulated drive unit. This led to KP = 4.5, KI = 15 and
KD = 1.45.

5.4. Comparison of the Two Control Strategies

The main difference between the two control strategies is the number of feedback states. While the
first approach transfers a control approach from electric drives to the pneumatic drive unit and uses the
torque as additional feedback, the second control strategy uses less feedback values and approaches
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the control problem under the assumption of a perfect controller-system coupling. This means that
time delays are only represented as disturbances and not specifically modeled within the control
loop. The second difference is the way of obtaining the control parameters. While the first controller
determines them in the frequency domain via a comparison between a desired transfer behavior and
the real transfer function, the second controller uses the LQR-theory to get the control parameters.
Because the procedure of determining them is well-known, both strategies result in the stability of the
closed loop. The last difference is the input to the two control loops. In one approach we use a step
function input and in the other approach, we use a trajectory input.

6. Results

We evaluated the presented control approaches by investigating the behavior of the system
in response to a step input. Two different step inputs, 0◦ to 90◦ and 10◦ to 180◦, were chosen to
evaluate the performance of the controllers. Depending on the starting and the set-point position,
the different torque mappings lead to different behavior of the drive unit. Hence, two different step
inputs ensure a good comparability and reduce the risk that a combination of torque mapping and
controller is used in an area in which it has a lower performance than in another section. This is the
case because the transmission of the forces from the PAMs to the internal torque is non-linear. Hence,
the behavior of the overall control approach strongly depends on the position areas it has to pass.
Since the LQR-controller is designed to follow a trajectory, we present the behavior for both controllers
when generating a trajectory first. Because the controller derived from the transfer function was
originally designed to directly react to step inputs without generating a trajectory first, this behavior is
also included. Moreover, we measured the step response 0◦ to 90◦ of the system with each controller
and the four presented torque mappings. This leads to four hereafter presented measurement figures.

In Figure 11, the two presented controllers are compared for a step input from 0◦ to 90◦;
both controllers use the mapping for which they were optimized. This ensures the best comparability.
The state-feedback-controller was originally designed to work with the DQZ mapping, whereas
the LQR-controller uses the improved simulated mapping with the zero-crossing areas. The step
response of the state-feedback-controller is measured with and without the previously generated
trajectory. Figure 11 depicts that implementing the trajectory generation changes the step response of
the state-feedback-controller.

Figure 11. Step responses to step input from 0◦ to 90◦. The Blue and Red trajectories use the DQZ
mapping, the Yellow one uses the simulated mapping with zero-crossing areas.
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The LQR-controller shows the best performance, while the state-feedback-controller without
trajectory generation responds much quicker but overshoots and needs more time to reach a
steady-state.

In Figure 12, the measurement is repeated for a step input from 10◦ to 180◦. Again, both controllers
use their preferred torque mapping, i.e., the DQZ mapping for the state-feedback-controller and the
simulated mapping with zero-crossing areas for the LQR-controller. Here, it is notable that the
state-feedback-controller has a different step response than in the step from 0◦ to 90◦. The overshoot is
stronger but the steady-state is also met quicker. This may be the case because the drive runs through
the position of perfect torque transmission which results in better controller output. The response of
the LQR-controller looks like the response to the previous step input. There is only a little overshoot
and it also reaches the steady-state in the same time span as in the previous experiment.

Figure 12. Step responses to step input from 10◦ to 180◦. The Blue and Red trajectories use the DQZ
mapping, the Yellow one uses the simulated mapping with zero-crossing areas.

In Figure 13, the influence of the different torque mappings in combination with the
state-feedback-controller is depicted. As already mentioned, the state-feedback-controller was
designed to work with step inputs. Hence, we present measurements of the reaction of the
system to a step input from 0◦ to 90◦. Additionally, we include the response to the trajectory
input with the DQZ mapping. As depicted, the step responses vary slightly for the different
mappings. Nevertheless, the addition of the zero-crossing areas results in less overshoot and quicker
attainment of the steady-state in comparison to the simulated mapping without zero-crossing areas.
The state-feedback-controller achieves the best overall performance in combination with the DQZ
mapping. Although the linear mapping results in less overshoot, this combination takes longer to
reach a steady-state. This is also the reason why we present the response to the trajectory input with
the DQZ mapping, which shows a slower start of the movement, but nevertheless results in the same
overshoot as the step response.
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Figure 13. Mapping comparison for step input of 0◦ to 90◦ and state-feedback-controller.

The same cannot be said for the step response of the LQR-controller in combination with the
different torque mappings, depicted in Figure 14. It is obvious that all step responses are very
similar except for a little overshoot performance as well as the smoothness of the trajectory. The best
performance regarding position control is achieved with the simulated mapping combined with the
zero-crossing areas. The linear mapping and the DQZ mapping show a greater overshoot.

Figure 14. Mapping comparison for step input from 0◦ to 90◦ and LQR-controller.

7. Discussion

The presented measurements of the mechatronic system proof that the intention of the mechanical
design was reached. The stick-slip phenomenon is avoided and the system can be controlled
with standard control theory. Particularly the position control for a continuous 360◦ motion is
achieved. This enables the positioning of a robot arm with intrinsic compliance and consequently safe
human-robot-collaboration. In our research, we found that the performance of the position control
of the mechatronic system differs depending on the controller, the torque mapping, the starting, and
the set-point position. We observe overshoot, especially for the presented state-feedback-controller
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in combination with the DQZ mapping, regardless of whether we generate a trajectory first or not.
More experiments could help to gain a better understanding of what parameter could, in general,
reduce the overshoot. Not only the overshoot, but also the time the drive unit takes until it reaches
the set-point position after the overshoot takes long and should be reduced. The reaction to the step
input of the LQR-controller is slower than the reaction of the state-feedback-controller, but the control
performance of the LQR-controller is more consistent and the system follows the trajectory closely
with less overshoot and it reaches the steady-state faster.

In comparison to the influence of the controller choice, the selection of the torque mapping does
not significantly influence the behavior of the controlled system. We initially expected an improvement
of the overshoot and the reaction time by using a mapping that is derived from the drive itself instead
of using the existing DQZ mapping intended for electrical drives. However, the influence of the
mapping is limited by the implemented controller. The state-feedback-controller showed a quicker
attainment of the steady-state with the simulated mapping with zero-crossing areas in comparison to
the DQZ or linear mapping. The LQR-controller, then again, does not show any significant variation
of the step response when we use it in combination with different mappings. We assume that the
LQR-controller reacts quicker to small changes and therefore can compensate for inaccuracies induced
by the mappings that do not exactly fit to the drive unit. This assumption has to be analyzed in depth
in future research.

Also subject to future research is the impact of the starting and set-point position on the
performance of the controlled drive unit. On the one hand, there is no impact on the performance
of the LQR-controller, but on the other hand, it changes the behavior of the state-feedback-controller
significantly. This limits the usability of the presented state-feedback-controller in real control
applications. The LQR-controller showed a practically identical motion throughout the working
space. This behavior certainly compensates for its slower reaction times, especially when we think of
using this control approach in practice.

However, the control performance of the system can be optimized, especially when the system is
compared to the electronic drive units that are used in today’s robots. At this point, it is important to
note that even with state-of-the-art pneumatic valves the control of the pressure in a PAM is several
magnitudes slower than the speed with which electric control circuits are controlling the voltage and
the electric current that is used to power electric motors. Hence, the performance of the presented
position control with the pneumatic drive unit does not achieve the performance of the position control
of electric drive units with similar torque but solves the problem of safe human-robot-collaboration
with intrinsic compliance.

8. Conclusions and Outlook

We describe all components necessary for a complete control approach (see Figure 1) that is
tailored to work with a pneumatic rotary drive that comprises three or more working chambers.
Furthermore, two different control approaches are explained in detail. To map the controller
output unto the PAMs used in the drive unit, we adopt the DQZ transformation known from
field-oriented-control of electric motors to the available system. In contrary to the magnetic forces
appearing in electric motors, the PAMs can only exert pulling forces and the system has nonlinear
torque characteristics. Hence, we develop and explain three more ways to realize the torque
mapping. Finally, the experimental validation shows that the combination of the LQR-controller
with the simulated torque mapping with zero-crossing areas delivers the best response to a step input,
independent of the starting and the set-point position.

In future research, the position control, as well as the torque mapping, could be further optimized.
In the present work, only basic control theory has been applied; more advanced control strategies will
surely deliver better control performance. A possible time delay and the characteristic of the pneumatic
valves could be considered. Moreover, the inertia of the pressurized air has been neglected and could be
modeled and included in the control approach. The complete control approaches could also be adapted
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to other pneumatic drive units, followed by an evaluation that will allow the comparison not only
of the control approach but also of the performance of the drive units regarding their controllability.
Furthermore, a control approach for force control could be realized and the behavior of the system in
human-robot collaboration, especially in the case of collisions, could be investigated and compared to
state-of-the-art robot systems.
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Appendix A

The drive unit investigated in the present work is presented in [3]. It is realized in a modular test
stand. In [3], we have investigated different configurations. In the present work, we have always used
the same configuration of the test stand. The parameters that we use throughout the present work are
specified in Table A1.

Table A1. Specification of characteristic parameters of the laboratory test stand.

Parameter Parameter Description Value Unit
n number of PAMs 3 quantity
β inclination angle 12 degree
r radius 75 mm

L0 nominal length of PAM 200 mm
J inertia tensor 3,042,843 g ·mm2

δL PAM offset 1 mm

The data set used to model the force to pressure to length relation of the PAMs is presented
in Table A2. The data set is obtained from the tool “MuscleSIM” provided by FESTO. The data is
generated for the used PAM of the type DMSP-20-200N-AM-CM. Negative values of F are representing
pushing forces that cannot be exerted by a PAM. Hence, all negative values for F are set to be zero in
the control approach.

Table A2. Data set specifying force, F [N], pressure, p [kPa], length, L [mm] and contraction γ [mm]
for the PAMs.

L(ϕ) γ p = 0 p = 100 p = 200 p = 300 p = 400 p = 500 p = 600
200 0 0 271.2 541.7 811.1 1078.8 1344.1 1606.5
195 5 −140.4 104.4 348.3 590.8 831.3 1069.5 1304.9
190 10 −198.1 21.9 240.8 458.1 673.5 886.5 1096.7
185 15 −224 −27.2 168.3 362 553.8 743.3 930
180 20 −236.8 −69.1 111.5 283.2 452.9 620.2 785
175 25 −244.5 −90.3 62.4 213.3 362.2 508.9 653

The terminals used in the PLC are listed in Table A3.
Additionally, for better comprehensibility, we want to present all further parameters and symbols,

which appear in this paper in Table A4.
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Table A3. Types and quantity of terminals used in the PLC control.

Pos. No. Quantity Name Function
1 1 EK 1101 EtherCAT coupler
2 3 EL 4002 analog output interface
3 3 EL 3162 analog input interface
4 1 EL 5101-0010 incremental encoder interface

Table A4. Specification of all further parameters and symbols used in this paper.

Parameter Parameter Description Value Unit
ϕset set-point value varying degree

Mtotal controller output varying Nm
Mi torque of muscle i varying Nm
Fi force of muscle i varying N

pi,real pressure output of valve i varying Pa
Fi,real real force of muscle i varying N
ϕreal real position varying degree

ϕ measured position varying degree
ϕi position with offset varying Pa
A rotary axis - -
B four-point bearing - -
c semi-minor axis of projected ellipse - -
D swash plate - -
E rotary axis of outer swash plate - -
O outer swash plate - -

Fnor normal force of the PAM varying -
Ftan tangential force of the PAM varying -
Fver vertical force component of Fver varying -
Fe f f horizontal force component of Fnor varying -

u input to system, controller output varying Nm
y output of system varying degree
pi pressure in muscle i varying Pa

Li(ϕi) Length of muscle i varying mm
γ current contraction of muscle varying mm
γa average contraction of muscle r sin(β) mm

h(ϕ) variation around γa varying mm
d unutilized value of DQZ-mapping varying -
q output of controller varying Nm
αt auxiliary value of DQZ-mapping varying -
βt auxiliary value of DQZ-mapping varying -

M+ sum of all positive Mi varying Nm
M− sum of all negative Mi varying Nm

t time varying s
w(t) trajectory varying degree
ϕ0 starting point of trajectory varying degree
ϕT ending point of trajectory varying degree
T end of time-frame of trajectory varying s
ai parameter for trajectory w varying -
N parameter of polynomial of trajectory 2 -
K control-parameter 0.016 -
K1 control-parameter 1.8 -
K2 control-parameter 107.5 -
K3 control-parameter 286.5 -
TI time-constant of integrator 0.5 -
T1 time-constant of valves 0.0129 -
xa augmented state vector varying -
ξ integrated control-offset varying -
Q weight for xa matrix -
R weight for u 1 -

KP control-parameter 4.5 -
KI control-parameter 15 -
KD control-parameter 1.45 -
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