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Abstract

Machine learning is a subsection of artificial intelligence that has revolutionized recent decades
with its remarkable performance when compared to the conventional state-of-the-art methods in
the fields of science and information technology. However, a trained machine learning model is
regarded as a black box model due to the non-transparent nature of its internal workings. This lack
of transparency reduces the interpretability of trained machine learning models, making them less
desirable in life-critical applications such as aerodynamics or the medical industry. Because of their
uncertainty, these models cannot be employed until their internal workings have been thoroughly
explored. As a result, understanding their internal working knowledge is critical. To solve this
problem, visualization provides the ability to understand the internal structure and workflow of
trained machine learning models. Meanwhile, the interpretability of neural networks is tedious
due to the large number of parameters. In particular, the internal hidden state information of
the recurrent neural network models is yet to be explored. Hence, this thesis introduces a visual
analytics tool for analyzing and examining the internal hidden state information of recurrent neural
network models. This tool allows an interactive exploration of the hidden state information, which is
processed by the neural layers when an input sequence is provided to it. This tool aids in exploring
the behavior of a recurrent neural network model when demonstrated with turbulence data from
an aerodynamics domain. To achieve better interpretability, we assess and compare the training
of the gated recurrent unit model for a number of hyperparameter configurations using various
visualization approaches such as dimensionality reduction, heat maps, and parallel coordinates
plots.

Keywords: Visual analytics, Visualization, Machine learning, Regression, Recurrent neural
networks, Gated recurrent units, Hidden states, Interpretability, Turbulence data
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1 Introduction

1.1 Problem Statement

Over the last few decades, Machine Learning (ML) methods have been rapidly growing and
transforming many fields in the area of science. In particular, it has surpassed the state-of-the-art
methods in many fields of computer science, which have significant applications such as image
detection, image segmentation, and machine translation. Unfortunately, trained ML models are
often considered black box models, making it difficult to extract the learned behaviour from the
trained model in a form that humans can understand. As a result of this black box nature, they
are preferred less in life-critical applications such as aerodynamics, medical, and the healthcare
industry. However, this issue can be addressed by visualizing the trained ML models.

Visualization has been one of the ways to understand such trained models[CMJ+20], as it aids
to obtain a promising insight into the behaviour of the model. This understanding improves the
interpretation of the model, leading to the increase in its preference in safety-critical domains.
In other words, interpretability, also known as explainability, answers the questions of what the
model has learned from the data and how the model behaves for certain input. Additionally, this
visualizing approach of ML models when demonstrated with a dataset helps to understand the
underlying pattern of the dataset. More specifically, visual analytics [KMS+08] helps to visualize
high-dimensional data in various coordinated views. As a consequence of this visual approach,
the useful insight learned about the model makes it reliable and ensures its correctness. Thus, the
credibility of the model increases. The hidden pattern learned about the dataset can be used to
make better decisions with the data and be helpful in further research on the respective field. In
particular, some of the ML models like random forest and decision trees are easy to interpret without
a visual approach. However, neural networks are difficult to interpret, particularly Recurrent Neural
Networks (RNN) models, which are often used for sequential data, are challenging to interpret.
The more parameters involved in the computation of the output prediction also contribute to its
difficulty. Additionally, the hyperparameters of a model play a major role in influencing the output
predictions of the model. Thus, the issue of interpretability in neural networks [LWLZ17] should
be investigated. This implies that a visual analytics approach to neural networks is required in order
to achieve interpretability.

The interpretability of RNN models can be achieved by visualizing the internal hidden states of
the RNN models. An internal hidden state can be referred to as a snapshot of the information
learned by the model from the input sequence data. As a result, this thesis is an attempt to
develop a visual analytics tool that can visualize the internal hidden states of a RNN. Therefore,
achieving the interpretation of the RNN model by applying various visualization approaches such
as dimensionality reduction, heat maps, and parallel coordinates plots . This tool is demonstrated
using turbulence data from the aerodynamics domain, which aids in understanding the feasibility of
the tool. Additionally, this helps to understand the nature of the turbulence dataset.
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1 Introduction

1.2 Motivation and Goal

ML models have the capability to learn intricate hidden patterns from the input data, which allows
them to make predictions on unseen data. This capability allows them to deal with complex
problems more easily and effectively than the traditional methods. Additionally this capability to
learn the hidden patterns is one of the reasons for their better performance when compared to the
traditional methods. Unfortunately, the reasons behind their predictions are not clear, which makes
them less favorable in low error tolerant domains like the military and aerospace industry. There
should be a minimum amount of internal information of what the model had learned from the input
data is needed. Based on the information about its internal working they can be evaluated and it
can answer the question how reliable the model can perform for unseen input data. As a result the
decision to consider a model for applying in critical domains can easily be determined. Thus, the
interpretability of the ML models should be well explored, as it is one of the important factors
for selecting a model to deploy in critical applications. One such information can be obtained by
visualizing the models through a visual analytics tool. Deep Learning (DL) being a subfield of
ML has got a lot of space to be explored in terms of interpretability. Neural Networks (NN) is the
backbone of DL algorithms and it is of various types. In particular, RNN one of the types of NN,
which is commonly used for sequential data should be studied further. It has an internal structure
that acts like a memory and remembers past information. Among all the types of NN, RNN is the
only type that can remember the previous information of a sequential input and use that information
to predict the next output of unseen data. While the other types of NN do not have the capability to
remember the previous information of input for predicting an output. Therefore such a complex
structure of NN has a lot to be researched in order to understand its internal working. Such internal
working can be studied by visualizing it through a visual analytics tool.

The tool may be created for a variety of objectives that align with our goals. It can be developed
either for classification or regression task. It can also be developed to a particular dataset, which
is something we want to investigate. Additionally, it can be developed for the particular domain
or industry. The current research works on the visual analytics tool have been more focused for
classification tasks. Therefore, the motivation behind the thesis topic is to develop a tool for
regression task. Unlike machine level translation or Natural Language Processing (NLP), the
attempt for such a visual analytics tool to explore aerodynamics domain is very less.

The goal of this thesis is to develop a visual analytics tool that aids to interpret and explore
the internal hidden states of RNN models. Therefore this thesis attempts to provide a visual
analytics to understand deep about the working of RNN models that predicts the closure terms of an
aerodynamics domain.

The main focus of this thesis is to develop a visual analytics tool that serves with the following
features:

• Provision to have an interactive environment to choose different values for the hyperparameters.

• Comparing models having different configurations.

• Further deep understanding of the internal information of a model.

• Feature to view the input data.
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1.3 Outline

In order to achieve this goal, contributions made in fields like visual analytics, machine learning,
and dimensionality reduction are referred to and the tool was developed. The tool mainly projects
the internal hidden state as Scalable Vector Graphics (SVG) after applying dimensionality reduction
techniques like t-SNE, PCA, UMAP and attempts to serve the features listed.

1.3 Outline

The outline describes the structure of this thesis work. This thesis consists of seven chapters and
which are organized as follows:

Chapter 2 provides an introduction on visual analytics, artificial intelligence, machine learning,
neural networks, turbulence data, and the turbulence dataset used. The explained topics are
pre-requisites that are needed to understand this thesis.

Chapter 3 discusses previous works, concepts of visual analytics in machine learning, and
contributions that are related to this thesis.

Chapter 4 discusses about the approaches like dimensionality reduction techniques, feature
importance, K-means clustering, and zeroth hidden states. These approaches are applied to develop
this visual analytics tool.

Chapter 5 explains the hardware, software, and software design of the visual analytics tool.
Additionally, it also explains the architecture and the visualization features of the tool.

Chapter 6 discusses the workflow and the results obtained by implementing the tool with turbulence
data. This chapter includes the illustration of comparison between models and the overall discussion
about the comparison.

Chapter 7 summarizes this thesis and draws conclusion with some possible future scopes.
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2 Background

This background chapter offers the necessary knowledge and details required to lay the foundations
for this master thesis work. There are five sections in this chapter. Section 2.1 introduces the
concept of visual analytics that forms the basis of the visual analytics tool. The definition of artificial
intelligence and its uses, an introduction to machine learning and its categories are explained in
Section 2.2. Section 2.3 provides an overview about NN. Section 2.4 explains about RNN and
its working. An overview about turbulence data is provided in Section 2.5. Finally, Section 2.6
discusses the dataset used for this thesis.

2.1 Visual Analytics

As the current world is moving towards the betterment of the information era, all the disciplines
in the field of science are experiencing an increase in the volume of data. This volume is rapidly
increasing on a daily basis, resulting in the collection of massive amounts of data. Therefore,
humans have the responsibility to handle, store, and use this data for the growth and advancement
of technology. This massive amount of data is useless until some useful information is extracted
from it. Thus, visualization aids in transforming this massive data into useful information. Humans
can process 1-D and 2-D data easily, while higher dimensional data is hard to imagine and process.
Therefore, visualization provides an effective solution by visualizing the higher dimensional data and
aiding in processing it easily by the human brain. In particular, the growth of ML models is rapidly
transforming many research areas by exceeding the performance of state-of-the-art approaches.
However, these models often deal with higher dimensional datasets, which are hard to visualize.
Thus, visual analytics offers an accountable solution to this problem.

Cook and Thomas, some of the pioneers of the visual analytics field, have defined visual analytics
as "the science of analytical reasoning facilitated by interactive visual interfaces"[CT05]. They have
explained it as a multidimensional field involving the visual presentation of data that aids humans in
achieving an analytical reason from the data after having an interaction with it. In recent years, this
field has seen unprecedented growth and is expected to grow further. Additionally, visual analytics
allows for the transformation of large amounts of data into a format suitable for analysis. This allows
humans to have a better understanding of the data, allowing them to draw more accurate inferences.
As a result, visual analytics has made major contributions to the fields of science, information
technology, and safety-critical applications such as the military, aerospace, and healthcare.

According to Keim et al. [KKE10], visual analytics has been defined as "Visual analytics combines
automated analysis techniques with interactive visualizations for an effective understanding,
reasoning and decision making on the basis of very large and complex datasets". They have
described the visual analytic process as well as the stages involved in transforming data to gain
insightful knowledge about it. Figure 2.1 illustrates the steps of the visual analytic process. Often,
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2 Background

10 Visual Analytics

over the years. For example it is estimated that there are more than 300 million
VISA credit card transaction per day. The main challenge in this area is to
analyse the data under multiple perspectives and assumptions to understand
historical and current situations, and then monitoring the market to forecast
trends or to identify recurring situations. Other key applications in this area are
fraud detection, the analysis of consumer data, social data and data associated
with health care services.

Further application examples of visual analytics are shown in Figures 2.5 and
2.6 at the end of this chapter.

2.2 The Visual Analytics Process

The visual analytics process combines automatic and visual analysis methodsTight coupling of
automated and visual
analysis through
interaction

with a tight coupling through human interaction in order to gain knowledge
from data. Figure 2.3 shows an abstract overview of the di↵erent stages
(represented through ovals) and their transitions (arrows) in the visual analytics
process.

Visual Data Exploration

Automated Data Analysis

Data Knowledge

Visualisation

Transformation

Mapping

User interaction

Model 
visualisation

Model 
building

Data 
mining

Parameter 
refinement

Models

Feedback loop

Figure 2.3: The visual analytics process is characterised through interaction
between data, visualisations, models about the data, and the users
in order to discover knowledge

In many application scenarios, heterogeneous data sources need to be inte-
grated before visual or automatic analysis methods can be applied. There-
fore, the first step is often to preprocess and transform the data to derive
di↵erent representations for further exploration (as indicated by the Trans-
formation arrow in Figure 2.3). Other typical preprocessing tasks include
data cleaning, normalisation, grouping, or integration of heterogeneous data
sources.

Figure 2.1: Visual Analytic process illustrating the steps involved to obtain knowledge from data
either through visualization or through models [KKE10].

real-world data is not suitable to be applied directly to a model or to a visualization method. Hence,
the data should be transformed and preprocessed. Then, in order to obtain knowledge about the
data, two choices are available. The choices are: visual data exploration or automated data analysis.
In visual data exploration, the transformed data can be visualized by the user after having an
interaction with it. The transformed data can be mapped to the visualization. The information from
the transformed data is extracted by mapping it to visual representations resulting from human
interaction. In the automated data analysis, the transformed data can be created as a model using a
data mining technique by finding the underlying pattern. The model can be refined by changing the
parameters used for building the model. Therefore, both these choices lead to the discovery of the
final knowledge about the data. These steps can be carried out in a feedback loop until a defined,
structured idea about the data is gained.

2.2 Machine Learning

In 1955, John McCarthy coined the term Artificial Intelligence (AI) and defined it as “the science
and engineering of making intelligent machines”[Tom86]. AI refers to the creating and upgrading
of intelligent systems that contributes a lot to the field of science and it is found successful in
accomplishing complex tasks in simpler way. Currently evolving fields of research like speech
recognition, NLP, computer vision are some of the well-known applications of AI. Apart from the
above said there are also numerous applications of AI that exists in almost all the domains like
medical, e-commerce, and so on. The subdomains of AI are clearly shown in Fig.2.2. The most
prominent and successful type of AI is machine learning.
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2.2 Machine Learning

“Machine learning is the study of computer algorithms that provides systems the ability to
automatically learn and improve from experience” is the definition of ML quoted by Sah[Sah20].
ML is the sub-field of AI that has the ability to grasp the underlying hidden patterns from a data
which humans can not be able to grasp. Mainly, machine learning can be partitioned into three
categories based on whether it uses the knowledge of labelled data or not. The categories are
namely supervised learning [CCD08], unsupervised learning [Bar89] and reinforcement learning
[KLM96].

• Supervised Learning: ML model learns the underlying pattern with the help of labelled
data during the training phase. In the labelled data, each input is mapped to its perfect output
value. The predicted value by the Artificial Neural Networks (ANN) can be compared with
this ground truth to evaluate the accuracy of the model. The workflow of supervised learning
is shown in the Fig.2.3 that indicates the model trained with input data and ground truth is fed
with new unseen data to predict the output. Labelled data can also be indicated as annotated
data. Support vector machine (SVM), decision forest, and naive bayesian model are some
of the examples of supervised learning. This thesis mainly focuses on supervised learning.
Supervised learning is further divided into

– Classification: Model learns to segregate data based on features by labeling the data.
Based on the learned characteristics, the model classify the inputs. Using the input data,
the model learns the decision boundary that separates the distinct classes. The unseen
data is categorised using the previously learned decision boundary. The model maps
a data point to a specific class, which means that the output value is discrete, with a
finite number of values corresponding to the number of different classes. For example,
identifying an image as either dog or cat.

– Regression: Model learns to approximate a function 𝑓 (𝑥) from input features 𝑥 to a
continuous output feature �̂� = 𝑓 (𝑥). This function 𝑓 (𝑥) is approximated in order to
reduce the error between the function output 𝑦 and the original output feature �̂�. This
error is computed using loss functions 𝐿 and is used to evaluate the accuracy of the
model. The value of the output is continuous and thus has an infinite number of values.
For instance, a prediction of the mileage of an automobile or the price of stocks in the
stock market.

• Unsupervised Learning: ML model learns the underlying pattern without the help of labelled
data. The machine learning model attempts to detect correlations in the data automatically by
extracting important features and evaluating its structure. Clustering and anomaly detection
are some of the examples that falls under this category.

• Reinforcement Learning: Reinforcement learning is based on an agent that interacts through
actions with an environment. It is optimized through rewards or punishment. The agent aims
to find the best solution to the problem. The incentives are provided at the end of each training
episode (i.e., after a large number of actions), and the reward is determined by performance
of the agent.
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Figure 2.2: Artificial Intelligence and its subdomains [LL21].
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Figure 2.3: Workflow for supervised machine learning.

2.3 Neural Networks

DL is a sub-field of ML that is inspired by the structure of the human brain. In recent years DL
have been used for a broad range of applications. This is due to the fact that they outperform many
of the existing conventional methods in their respective fields. In particular ANN, was inspired and
developed after the functioning of the human brain . Nonlinear behaviour is the attribute because of
which the neurons fire only if the input excitation exceeds a certain threshold. In particular, the
number of features learnt by ANN, corresponds to the number of input neurons independent of the
depth of ANN. Generally, the aim of ANN is to learn a mapping function from an input to an output.
This mapping function can be for either a classification or regression task. Meanwhile, most of the
tasks in the real world are nonlinear.
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2.3 Neural Networks

Figure 2.4: Schematic architecture of Artificial Neural Network with input, hidden, and output
layer [Com20a].

The ANN contains nodes which are called neurons, that receives information from previous neurons
and pass it to the succeeding neurons. Thus, inputs are processed by neural networks by sequentially
executing the operation described by each layer on the input data, resulting in an activation vector
that serves as the input for the next layer. Overall, the input information flows through the input
layer to the output layer through hidden layers. Each and every neuron is connected to each other by
a weighted edge. Figure 2.4 shows the structure of an ANN with an input layer comprising three
neurons, a single hidden layer with four neurons and an output layer with two neurons1.

The relationship between weights and offset is known as bias, and the intermediate output 𝑦 can be
given by Eq. (2.1)

𝑦 =
∑︁
𝑖

𝑤𝑖𝑥𝑖 + 𝑏. (2.1)

There can be multiple inputs for each neuron in an ANN. Each neuron computes the intermediate
output by multiplying the weighted sum of inputs and summing them with bias. Equation (2.2)
shows the calculation of the intermediate output of a single neuron consisting of three inputs
(𝑥1, 𝑥2, 𝑥3) with weights (𝑤1, 𝑤2, 𝑤3) and offset 𝑏 and is given by

𝑦 = (𝑤1𝑥1) + (𝑤2𝑥2) + (𝑤3𝑥3) + 𝑏. (2.2)

The output of an activation function gives the output of the neuron. It is given by

𝑎 = 𝜑(𝑦). (2.3)

Equation (2.3) shows the output for a single neuron where 𝑎 indicates the output of the neuron and
𝜑() refers to the activation function. The Loss function is another important concept related with
ANN that is used to evaluate the accuracy or performance of the prediction made by the model. It is
used to determine the difference between predicted output and the original ground-truth. Often
categorical cross entropy is used for classification tasks while the mean squared error or root mean
squared error is used for regression tasks. The optimization process of the loss function is known as

1Artificial neural network.svg by Cburnett is licensed under CC BY-SA 3.0
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training or learning and is accomplished by computing the gradient vector of the cost function with
respect to the weights, which is known as backpropagation. Overall, the training and optimization
are used to find the optimal free parameters such as weights and biases for the given task, i.e. the
weights aids to minimize the loss on the given dataset.

2.3.1 Activation Functions

The neurons compute the intermediate output by multiplying the weighted sum of inputs and
summing them with bias but they lack the ability to select a firing pattern. The activation function
is a continuous function that determines how much the neuron should be stimulated. As a result it
introduces non-linearity into the network, allowing the neural network to learn nonlinear functional
relationships between input and output. Although, there are several activation functions, this thesis
focuses on the following three activation functions.

• ReLU: ReLU is the most commonly used activation function in ANN. Its value ranges
between 0 and infinity. When the input is positive, the function behaves linearly, while when
the input is negative, the function returns zero and it is shown in the Eq.(2.4)

𝑎(𝑧) = 𝑚𝑎𝑥(0, 𝑧). (2.4)

• Sigmoid: The range of the output is between 0 and 1, hence this function is commonly used
for models with a probability output. The probability is constantly between 0 and 1. Equation
(2.5) shows the expression of the sigmoid activation function.

𝜎(𝑧) = 1
1 + 𝑒−𝑧

. (2.5)

• Hyperbolic Tangent: The hyperbolic tangent is often known as tanh, and the range of the
output is between -1 and 1. Equation (2.6) shows the expression of the hyperbolic tangent
activation function.

𝑎(𝑧) = 𝑒𝑧 − 𝑒−𝑧

𝑒𝑧 + 𝑒−𝑧
. (2.6)

2.4 Recurrent Neural Network

RNN is one of the ANN architectures that are frequently used for sequential data. Sequential data
can be referred to as a series of data points ordered in sequences, where the order of the data points
is important. Recently emerging fields like machine translation,and speech recognition are some of
the prominent applications of RNN. Unlike Convolutional Neural Networks (CNN)[ON15], RNN
remembers its previous input due to its internal memory. In RNN the information cycles through a
loop. At each step RNN has two inputs: its present input and its hidden state. Hence with the help
of internal memory and the ability of having two inputs at each timestep, RNN performs well in
handling crucial forth coming information of the sequential data. RNN assigns values to parameters
like weights and biases to the current and also to its memory. Then during the training process
the weights and biases are altered through Backpropagation Through Time [Wer90]. Figure 2.5
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shows the structure of the RNN with both folded and unfolded in time2. This implies that how the
sequential input data is unfolded to produce a hidden state from the current input and its previous
hidden state, or its previous output depending on the RNN type. The structure shows that they
have an internal loop that helps to add the immediate past to the present, allowing RNN to draw
knowledge from the past and relate it to the present. In the Fig.2.5, the green components represent
input, the blue components represent hidden state, and the pink components represent output. From
the input 𝑥 to the output 𝑜, the RNN store the past-present relation in an hidden state ℎ. The hidden
state is updated through loops for the sequence of data. Here 𝑥𝑡 and ℎ𝑡 represent the input and
hidden state at the current timestep, 𝑡, while 𝑥𝑡−1 and ℎ𝑡−1 represent the input and hidden state at
the previous timestep, 𝑡 − 1. The hidden state update involves the previous hidden state ℎ𝑡−1, some
function parametrized by the weights and the input vector at time t as shown in the Eq.(2.7). The
function 𝑓 can be a non linear transformation function such as ReLU or tanh. 𝑈 and 𝑉 corresponds
to the weight matrices of input vector and previous hidden state vector. Equation.(2.8) shows the
calculation of hidden state using 𝑈, 𝑉 , and 𝑏ℎ. The output 𝑜𝑡 is calculated using the updated hidden
state ℎ𝑡 and the weight matrix 𝑊 as shown in the Eq.(2.9). 𝑏ℎ and 𝑏𝑜 are biases.

ℎ𝑡 = 𝑓 (ℎ (𝑡−1) , 𝑥𝑡 ). (2.7)

ℎ𝑡 = 𝑓 (𝑈𝑥𝑡 +𝑉ℎ (𝑡−1) + 𝑏ℎ). (2.8)

𝑜𝑡 = 𝑊ℎ𝑡 + 𝑏𝑦 . (2.9)

In the forward propagation, the inputs are forwarded with the time, updating the state based on
the input and the previous state, generating 𝑜𝑡 at the timestep and computing loss at each timestep
𝑡. The total loss is the calculation of the sum of each individual loss. backpropagation through
time is accomplished in two steps in RNN. In the first step, backpropagation is performed at each
individual time step. In the second step, backpropagation is performed across all time steps such
that errors are propagated back in time. Backpropagation through time involves a lot of weight
matrix multiplication with a gradient of activation functions. This leads to a vanishing gradient and
an exploding gradient problem. Both these problems can be overcome with the help of gated cells
like GRU and Long Short-Term Memory (LSTM). When the model has any one of these problems,
it makes the model harder to train the weights, so it affects all the further weights.

2.4.1 Gated Recurrent Unit

GRU network [CVG+14] is a type of recurrent neural network that is widely used for sequential
or temporal data. It resolves the two main issues, the vanishing gradient and the exploding
gradient problems of normal RNN. These issues make it difficult for RNN to learn long-term data

2Recurrent neural network unfold.svg by Ixnay is licensed under CC BY-SA 4.0
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Figure 2.5: Schematic architecture of Recurrent Neural Network. Left: Folded in time showing
input, hidden state and output. Right: Unfolded in time showing previous and current
inputs, hidden states [Com22].

dependencies. GRU is able to mitigate these issues with the help of gated architecture. GRU
structure comprises of two gates, namely the reset gate and the update gate. The GRU cell is the
fundamental building unit of GRU. Generally, in GRU, hidden state is the output. This acts as the
memory of the network. The values of these hidden states are updated every time when a new
element of data from the temporal sequence is fed to the network. In every timestep, it takes an
input from the current timestep and a hidden state from previous timesteps to process a new hidden
state, which then passes it to the next timestep. Gates are the components that help in remembering
the information. They also control the flow of information from one layer to the next layer.

A reset gate is used to reset the hidden state information when needed, while an update gate is used
to update or pass exactly which hidden state information needs to be sent to the next layer. Figure
2.6 shows a GRU cell and its internal structure with update and reset gate 3.

The reset gate is responsible for short-term memory. The output of the reset gate will range from 0
to 1 as it uses the simgoid function as an activation function. Here the sigmoid function is multiplied
with the sum of the product of weight matrices of the reset gate along with current input data and
the previous hidden state information. The equation of the reset gate is shown in Eq.(2.10), where
𝑈𝑟 and 𝑊𝑟 are weight matrices of the reset gate.

𝑟𝑡 = 𝜎(𝑥𝑡𝑈𝑟 + ℎ (𝑡−1)𝑊𝑟 ). (2.10)

The update gate is responsible for long-term memory. The output of the update gate will range
from 0 to 1 as it uses the sigmoid function as an activation function. Here the sigmoid function is
multiplied with the sum of the product of weight matrices of the update gate along with the current
input data and the previous hidden state information. The equation of the update gate is shown in
Eq.(2.11), where 𝑈𝑧 and 𝑊𝑧 are weight matrices of the update gate.

𝑧𝑡 = 𝜎(𝑥𝑡𝑈𝑧 + ℎ (𝑡−1)𝑊𝑧). (2.11)

3Gated Recurrent Unit, type 2.svg by Jebald is licensed under CC BY-SA 4.0
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Figure 2.6: Structure of Gated Recurrent Unit with update and reset gate [Com20b].

GRU calculates the hidden states of an input by a two-step process. The first step is to find the
candidate hidden state, ℎ̂𝑡 . It is achieved by taking the input and the hidden state from the previous
timestep, 𝑡 − 1 which is then multiplied with the reset gate output and passing this entire information
to the hyperbolic tangent function. Thus, the candidate hidden state can be obtained from Eq.(2.12)
and is shown as

ℎ̂𝑡 = tanh(𝑥𝑡𝑈𝑔 + (𝑟𝑡 ⊙ ℎ (𝑡−1) )𝑊𝑔). (2.12)

Based on the value of the reset gate output, the influence of the previous hidden state on the candidate
hidden state can be controlled. When the value of the reset gate output is 1, it indicates the entire
information from the previous hidden state is to be considered. If the value is 0, it indicates that the
information from the previous hidden state is not considered.

Then the second step is to calculate the current hidden state using the candidate hidden state. Here,
the update gate, which is responsible for long-term memory, plays a vital role. Based on the value of
the update gate, the current hidden state is determined. The update gate controls both the historical
information from the previous hidden state and the new information from the candidate hidden state.
Thus, the hidden state can be obtained from Eq.(2.13) and is shown as

ℎ𝑡 = 𝑈𝑡 ⊙ ℎ (𝑡−1) + (1 −𝑈𝑡 ) ⊙ ℎ̂𝑡 . (2.13)

When the value of the output gate is zero, the first term in the equation vanishes, leading to the
fact that the hidden state will not have information from the previous hidden state. Meanwhile, the
second term becomes almost one, meaning the hidden state at the current timestep will consist of
information from the candidate hidden state. In case, if the value of the update gate is one, then the
second term of the equation becomes zero and the hidden state will depend only on the first term,
indicating the information from the previous hidden state contributes to the current hidden state.
Unlike LSTM[SM19], an another frequently used recurrent neural network model GRU does not
have an output gate. This is one of the reasons that makes it easier and faster to train than LSTM.
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2.5 Turbulence

In the field of fluid dynamics, turbulence is described as fluid motion characterized by changes in
pressure and flow velocity. Turbulence can be described by the Reynolds number and its range of
flow on active scales increases with the increase in Reynolds number. At high Reynolds numbers,
Direct Numerical Simulation (DNS), a high-fidelity solution of turbulent flows, is computationally
expensive. Hence, in order to mitigate the computational effort, the method of Large Eddy
Simulations (LES) is used. LES relies on a filter operation to resolve only the largest scales of
motion in the flow field. Meanwhile, the effects of the non-resolved part are modelled. The filtering
of the non-linear convective terms of the Navier-Stokes equations invokes a closure problem. As a
result, an additional model term gets introduced in the coarse-scale equation. The models used in
LES approach are derived based on physical or mathematical considerations.

2.6 Dataset Description

Kurz and Beck in [KB20] derived a machine learning framework for LES closure models. The
influence of different filter forms was also given importance while deriving this framework. The
training data was generated by applying several distinct LES filter functions to DNS data of decaying
homogeneous isotropic turbulence (DHIT). In order to achieve this, the DNS solution was projected
onto a discontinuous Galerkin (DG) or finite volume (FV) flavored representation on a coarsened
mesh. This overall process resembled the implicitly filtered LES approach, where the discretization
acts as an implicit LES filter. Finally, to resolve any influences of the LES discretization, a global
Fourier cutoff filter was used to ensure the filtered solution is perfectly resolved by the underlying
numerical scheme. Finally, GRU, one of the RNN type was trained to learn the unknown closure
terms from data for all filter forms and achieved an accuracy of 99.9% cross-correlation between
the predicted and the exact closure terms. Additionally, the trained GRU networks generalize well
across different LES resolutions and different filter functions.

A DNS database has been built from an ensemble of runs and the exact closure terms for various
LES filter functions have been computed. It was also demonstrated that the computed closure terms
are able to retrieve the model terms filtered DNS solution at each timestep. However, more than
thousands of computations were done maximum of up to 21 timesteps were used for the prediction.
Thus indicating the sequential data with 21 timesteps. Basically, the coarse scale data with velocities
and pressure are stored in .h5 format. By changing the time increment value between the .h5 files,
various timesteps up to 21 timesteps can be obtained. Hence, this shows that many input values of
different sequence lengths can be fed to the model in order to predict one output.
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This chapter discusses the key contributions made by previous researchers in the fields of machine
learning and visual analytics. In addition, there is a discussion regarding existing visual analytics
tools.

Interactive visualization is one way to explore the behaviour of ML models. The results obtained from
these visualizations should be trusted to understand the behaviour of ML models. Chatzimparmpas
et al. presented a state-of-the-art report that promotes the trust on the ML models with the use of
visualizations [CMJ+20]. The authors have built the report based on the end results obtained from
the visual analytics field and various visualizations such as dimensionality reductions and data
mining. The interactive visualization should be able to explain various factors such as explainability,
comparison, and algorithms. The features that a visual analytics tool should address were studied.

Garcia et al. investigated the visualization of the internal hidden states of RNN for classification
tasks in [GMW21]. The authors have provided a promising insight into the interpretation of the
LSTM model by a visual analytics tool. Two NLP datasets, IMDB and Reuters datasets available in
Keras [Cho15] were taken. In the IMDB dataset, the interpretation of the model for a sentiment
analysis use case to classify whether a sentence is positive or negative was explored. Moreover,
classification among five different classes in the Reuters dataset was illustrated using this visual
analytics tool. Both the use cases were carried out by projecting the internal hidden states of the
model for each input data point in the dataset by reducing its higher dimensions to 2-D dimension
using dimensionality reduction techniques like t-SNE. In addition, other visualization approaches
such as heat maps were used to visualize the expected prediction of the classifier. This has provided
enough reasons for the decision made by the model for predicting the output.

In [MCZ+17], Ming et al. explored the display of the internal hidden states of RNN models for
a NLP task using the Penn Tree Bank dataset [Mar94]. The authors suggested a method for
interpreting the function of a hidden state using strongly correlated words from the input. By
providing a word as an input, the correlation was derived from the expected update of the hidden
state. A bipartite graph was generated as a result of modeling the relationship between the hidden
states and words. Furthermore, weighted edges connected the two types of nodes, hidden states
and words. The bipartite graphs are grouped and visualized as memory chips and word clouds to
provide an organized view of the input data. Based on the above aggregated data, a visualization at
the phrase level was also developed.

The visualization of the hidden states of the LSTM model provided with clinical accelerometer
data of 2977 participants for two years was visualized in the study performed on [YRXZ20]. Since
an accelerometer is a human-wearable device, it detects human mobility and so monitors health
condition in a time series format. LSTM with three recurrent layers functioned as an encoder and
was provided with accelerometer data. The hidden states and hidden layers for a certain time frame
were investigated using a multiline plot. Furthermore, the input data from the recurrent layers with
the same patterns was compared and visualized. As a result, possible relationships between the data
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have been investigated. The Sankey plot was used to depict the pattern of transition between alive
and deceased people. The visual analytics tool aids in the visualization of accelerometer data as
well as the matching of input samples with related patterns.

Shen et al. in [SWJ+20] investigated the attempt to explain the behaviour of RNN on multidimensional
time series data. For the demonstration, a weather forecast [SCW+15] and an air pollution prediction
[OPM16] dataset were considered. They proposed a technique for predicting the hidden state
response based on the influence of feature selection on the output distribution of the hidden unit.
The hidden units and features were then clustered based on the embedding vectors. As a result,
the behaviour of the RNN model at the global and individual levels was examined. In [VV99],
Van Wĳk and Van Selow studied the patterns and trends in the time series data for days, weeks, and
years. The patterns in the data were predicted using a stochastic model and then converted from
the time domain to scale space. By combining the patterns into clusters, the overall pattern was
represented as graphs.

Reddy et al. in [RRL+20] applied two dimensionality reduction techniques such as Linear Discrimi-
nant Analysis (LDA) and PCA on four ML algorithms, including Naive Bayes Classifier, Decision
Tree Induction, Support Vector Machine (SVM), and Random Forest Classifier. The study was
carried out on Cardiotocography dataset[DG17] for a classification task. The results indicated
that PCA outperforms LDA when the dimensions of the datasets are large. The ML algorithms
were evaluated using metrics such as accuracy, sensitivity, and specificity. Therefore, the effects of
applying dimensionality reduction techniques on high dimensional datasets were explored.

Kurz and Beck proposed a machine learning framework for LES [PC96] closure models in which
the influence of different filter forms was examined in [KB20]. LES is a mathematical model for
turbulence that is used in the aerodynamics domain to reduce computational effort. The approach of
using LES is based on filter operations, which results in the introduction of additional model terms
known as closure terms. Technically, DNS training data was created from the DNS database and
applied to the GRU model. They attained an accuracy of 99.9% in determining the cross-correlation
between the expected and exact closure terms after training the model on DNS data. Furthermore,
trained GRU networks generalize effectively across multiple LES resolutions and filter functions.
Thus, the turbulence data was applied to the GRU model, one of the types of RNN models that were
extensively researched and succeeded in their prediction of closure terms with higher precision.

Srinivasan et al. in [SGA+19] investigated the abilities of neural networks to predict turbulent
flows. The training data was generated for LSTM and Multilayer Perceptron (MLP) networks. The
architecture of the neural networks was varied by changing numerous factors such as the number
of layers, number of hidden units per layer, dimension of the input, and weight initialization and
activation functions to discover the best configurations for turbulence flow prediction. As a result of
this change, the LSTM network outperformed the MLP because of its capability to understand the
sequential nature of the data. However, they had considered a low-order representation of near-wall
turbulence. They had contributed the idea of a machine-learning framework to develop large-eddy
simulations with accurate and efficient data-driven subgrid-scale models.

The majority of the previous research in this section focuses on visualizing the hidden state of RNN
models for NLP or classification tasks. As a result, there has been minimal investigation into the
temporal information learned by RNN models for time series data. Therefore, there are fewer visual
analytics tools created for regression tasks than for classification activities. Furthermore, existing
work does not focus on understanding the hidden states of RNN models while training the models
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with a wide range of hyperparameter values. As a result, the effect of hyperparameters on expected
output for various combinations or ranges of hyperparameters was not investigated. Hence, we
propose an approach to develop a visual analytics tool that aids in understanding the hidden state
functions for a range of hyperparameter values. Overall, the influence of the hyperparameters on
the predicted output for a time series task through the hidden state can be explored. Furthermore,
our approach is more focused on a regression task.
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4 Methods

This chapter gives a detailed information about the dimensionality reduction techniques in section
4.1. Feature importance is explained in section 4.2. K-means clustering is explained in the section
4.3. The information about hidden states and zeroth hidden states is provided in the section 4.4.

4.1 Dimensionality Reduction Techniques

In ML, the number of features or input variables of a dataset is often referred to as its dimensionality.
When the number of input variables increases, it becomes tedious to visualize the data. Dimension-
ality reduction can be explained as the process of selecting the set of attributes or features while
retaining most of the variance in the dataset. In other words, it can be explained as a mathematical
procedure that helps to efficiently reduce the most redundant high dimensional data to a smaller
number of variables with a minimum loss of information. Its advantages compensate for the loss.
The following are the advantages of dimensionality reduction:

• Data visualization is easier if dimensionality reduction is applied on a dataset.

• Non-linear data can be transformed into linear separable form.

• It prevents the model from encountering the curse of dimensionality problem [XLX17].

RNN (GRU) Model Hidden states

Dimensionality 
Reduction Technique

Batch Size

Epochs

Amount of 
Input Data

Learning 
Rate

Activation 
Function

Figure 4.1: Approach for applying dimensionality reduction techniques on hidden states.
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There are several dimensionality reduction techniques that are commonly used in different research
fields. This thesis focuses on t-SNE, PCA, and UMAP.

t-SNE is a non-linear dimensionality reduction algorithm used for investigating multi-dimensional
data by mapping it to two or three dimensions, which is suitable for human observation. The main
purpose of using t-SNE for dimensionality reduction is to preserve small pairwise distances or local
similarities as well as the structure of the data correctly. The t-SNE calculates the similarity measure
in both higher dimensional space and lower dimensional space, and then it tries to optimize these
two similarity measures using a cost function. The process of applying dimensionality reduction
techniques to a dataset involves three steps. The first step is to measure the similarities between data
points in higher dimensional spaces. For instance, a bunch of data points scattered in a 2-D space
are considered. For each data point, a Gaussian distribution over the center of that point is taken,
and the measure of density of all the points under that Gaussian distribution is calculated. This
gives a set of probabilities for all data points, which are proportional to similarities. In particular,
if two points 𝑥1 and 𝑥2 have equal areas under the gaussian distribution, then the proportions and
similarities are equal, and hence we have a local similarity in the structure of its higher dimensional
space. The gaussian distribution can be controlled by using perplexity, which influences the variance
of the distribution and the number of nearest neighbors. The second step is similar to that of the first
step, but we use a Cauchy distribution instead of a Gaussian distribution. This gives the probability
in the lower dimension of space. The final step of the t-SNE algorithm is to set the probabilities of
the low dimensional space to reflect those of the high dimensional space as best as possible. In
order to measure the probability difference between the higher dimension and the lower dimension
space the Kullback-Leibler (KL) divergence can be used. This is a way to efficiently compare large
dimensional spaces and small dimensional spaces.

PCA is one of the dimensionality reduction techniques that aids in reducing the dimensions of the
data while retaining most of the information about the original data. Since it is a linear algorithm, it
projects data onto a linear sub-space where the global variance of the entire dataset is maintained.
The algorithm tries to identify the principal components, which are the dimensions with maximum
variance. A covariance matrix of dimension 𝑑 × 𝑑 is computed using the high-dimensional data
of the dataset. 𝑑 represents the dimension of the dataset. Following that, eigenvalues and their
corresponding eigenvectors are computed. Then the eigenvalues are sorted in decreasing order.
The eigenvector with the highest eigenvalue represents the first principal component as well as the
dimension with higher amount of variance. Finally, the desired number of principal components is
selected. These principal components correspond to the dimensions that preserve the maximum
data from the dataset. As a result, the most correlated features of the dataset are removed while the
uncorrelated features are preserved, resulting in the reduction of the dimensions.

UMAP is another non-linear dimensionality reduction algorithm that reduces the high dimensional
data to low dimensions by preserving the local structure of the data. This algorithm consists of
two steps. Firstly, the manifold structure of high dimensional data is learned. The learning of this
structure includes the process of finding the nearest neighbors of each data point and constructing a
graph using the nearest neighbors. Secondly, the learned manifold is projected or mapped into low
dimensional space.

The concept of applying dimensionality reduction techniques on the hidden states of RNN is
proposed because of the features of each technique. t-SNE, PCA, and UMAP are the three
techniques focused in this thesis. Meanwhile, all the three techniques have their own advantage
over the other techniques. Since this tool is an attempt to explore internal hidden states of RNN,
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the techniques that serve in different direction of exploring using non-linear, linear algorithm are
considered. Thus, the demonstrated turbulence data can be subjected to explore its behaviour
under different dimensionality reduction algorithms. In particular, t-SNE is chosen for its ability to
preserve similarities while maintaining local variance by retaining the nearest neighbors adjacent in
the low dimensional space. PCA is chosen for its ability to preserve global variance. UMAP is
chosen for its ability to preserve the local structure of the dataset. For this proposed method, in
particular, five hyperparameters such as amount of input data, epochs, batch size, learning rate, and
activation function are considered. Then the model is trained for the combinations of all these
hyperparameters for a range of values. Following that, the dimensionality reduction technique such
as t-SNE, PCA, and UMAP are applied on the resultant hidden states. Thus, the internal hidden
states of the RNN for each input sample as well as the behaviour of turbulence data under different
combination of hyperparameter values can be explored.

4.2 Feature Importance

The concept of feature selection and feature importance is proposed to apply to the turbulence
dataset. Feature importance represents the identification of the important features by calculating an
importance score for all the input features. Applying an explainable AI technique to turbulence data,
such as SHAP (SHapley Additive exPlanations) and LIME (Local Interpretable Model-agnostic
Explanations), can provide an important insight into the reason why the model predicts a specific
output for an input. Thus, the important feature that influences the output predicted by the model
can be identified. Furthermore, the SHAP may be better suited for datasets with high dimensions.
Meanwhile the important features can be also be identified by the importance score for each learned
feature which can provide an useful insight for deciding the features influencing the predicted output.
Overall, these techniques allows to find the hidden patterns in the dataset by identifying the features
that are responsible for higher influence of the dataset.

4.3 K-means Clustering

K-means clustering is one of the most used unsupervised learning algorithms. It can also be
categorized as a partition-based clustering algorithm. The primary aims of K-means clustering are
to group comparable data elements into clusters and discover an underlying pattern. In other words,
it partitions 𝑛 data elements into 𝑘 clusters. In order to achieve this, K-means searches for exactly 𝑘

number of clusters within a dataset. A cluster is a group of data elements that have been combined
together on the basis of the similar characteristics they share. The means in K-means refers to the
average and centroid determination of the data. The centroid is the mean of all the data elements
belonging to that cluster. Technically, K-means achieves this by reducing the sum of squared error,
that measures the total squared Euclidian distance of data elements to their centroid.

The K-means algorithm consists primarily of three steps. Firstly, 𝑘 , the total number of clusters,
should be specified. Secondly, the 𝑛 data elements for the centroids without replacement after
rearranging the data set to initialize the centroids are chosen. Finally, the process of iteration should
be repeated until there is no longer any change in the movement of the centroids. The Euclidean
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distance between the data elements and the centroid of the clusters is calculated in each iteration.
As a result, the data elements with the lowest sum of squared error are clustered to the nearest
centroid, thus assigning the data element to that cluster.

The main reason for choosing the k-means algorithm in this thesis instead of other algorithms is
its linear complexity. The complexity of the k-means algorithm is 𝑂 (𝑖 ∗ 𝑛 ∗ 𝑘). Here, 𝑖 denotes
the number of iterations, 𝑛 denotes the total number of data elements, and 𝑘 denotes the number
of clusters. Furthermore, the efficiency of this algorithm is more suitable for higher dimensional
datasets. In this thesis work, the K-means algorithm is applied to the last timesteps of the low
dimensional hidden state data points. As mentioned earlier, the hidden states from higher dimensions
are reduced to lower dimensions using dimensionality reduction techniques. Thus, each timestep of
the input is dimensionally reduced in which all the last timesteps of all the input are considered for
this algorithm. In particular, the similarities among the hidden states of the last timestep can be
studied. The number of clusters to be partitioned depends on the number of timesteps of the input.
For instance, the input of three timesteps has three clusters. When a data point is partitioned to
particular cluster, the previous timesteps of the particular input are also partitioned to same cluster.
This indicates that the last timestep of the input is the deciding factor for the rest of the previous
timesteps of that input. Overall, the clusters of the hidden states can show how well the data points
are spread or distributed over 2-D space. Using these data points as a reference along with the input,
output, and predicted values of each input sample, the distribution or cluster of data points having
similar error values can be studied.

4.4 Hidden States and Zeroth Hidden States

The concept of hidden states aids in understanding the internal workings of RNN. In particular,
the hidden states at each timestep reflect the information learned by the model thus far from the
provided input . As a result, for each input, the knowledge of the model about the dataset gradually
increases, resulting in more accurate predictions. When the models are trained for a larger number
of epochs and provided with a larger amount of input data, it is possible for the model to learn the
underlying hidden pattern. Thus, the accurate predictions are because of the information carried out
by the hidden states at each timestep. This information, learned previously, is used as a basis to
learn the pattern for the current input. When a model is provided with new input data, it uses the
information learned from the previous input and further trains the model. However, the concept of
zeroth hidden states is to initialize the hidden states with any desired values at the start of every
new input sequence. Therefore, for a new input, the influence of the information learned from the
previous input does not play a significant role. In this thesis, the concept of zeroth hidden states is
proposed to be explored. Here the zeroth hidden states are initialized with zeros. As a result, every
new input sequence has zeros as its zeroth hidden states. Thus, the projection of hidden states as
well as zeroth hidden states are visualized. Additionally, due to the presence of zeroth hidden states,
the projections will be seen with a data point from where the projection of hidden states emerges.
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5 Visual Analytics Tool

The goal of this thesis is to develop a visual analytics tool to visualize and explore the internal hidden
states information of a RNN model is implemented with the approaches discussed in the previous
chapter. This chapter provides a brief overview on the development environment, software design,
and features available in the visual analytics tool. Section 5.1 explains the hardware, software
environment setup, and software design used to develop this tool. Section 5.2 discusses about the
architecture of the GRU model and section 5.3 shows details about the training and prediction
process. Section 5.4 discusses about the data extraction steps performed to provide data to the
visual analytics tool. Section 5.5 and section 5.6 explains about the evaluation metric and features
available in the tool respectively.

5.1 Environment Setup and Software Design

Hardware

The GRU models are trained on GPU using the SLURM machine learning cluster[YJG03]. Prediction
was done using GPU. The configuration of the GPU nodes are of type EPYC 7662 with one TB
RAM, 17 TB all-flash ZFS and CentOS 7. The visual analytics tool is developed in a PC with 8 GB
RAM and i5 processor installed with Windows 10 64 bit Operating System.

Software

The GRU models are trained with high performance machine learning libraries like Tensorflow
2.8[AAB+16] and Python 3.6. For reproducibility and comprehensibility the visual analytics tool
uses mainly functions from the Scikit-learn machine learning library [Bis19] for dimensionality
reduction techniques like t-SNE, PCA , and UMAP. IDE used for development was Visual Studio
Code. The software and IDE were chosen specifically because of its open source policies.

Software Design

The visual analytics tool has been developed using Python for the backend, particularly the Python
flask web application for serving the user requests. HTML, Cascading Style Sheets (CSS), and
D3.js are used for the frontend visualizations. The software design used for developing this tool is
shown in Fig. 5.1.
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Figure 5.1: Software Design of Visual Analytics Tool.

Python was used to train the RNN models, and the data for the visual analytics tool is stored in
a directory as json files. The flask web application is the entry point of this tool and serves the
requests from the users. When the user selects the desired visualization feature available in the tool,
the request is forwarded to the flask web application. Following that, based on the request of the
users, the respective visualizations are displayed.

Each interaction by the user is transformed into an HTTP POST request from the HTML page and
is handled by the flask web application. The flask web application is developed for different URL
routings based on the available HTML pages. Each HTML page has its own unique visualization
features. The details about the available HTML pages will be discussed in Section 5.6.

5.2 Architecture of GRU Model

The main goal of this thesis is to develop an interactive visual analytics tool that aids us in
understanding the internal hidden information of the RNN model. This tool was developed for a
regression task, which was demonstrated by applying it to turbulence data from an aerodynamics
domain. Generally, to predict the output of a regression task, the model should be developed based
on an architecture. This architecture briefs about the number of layers, input and output shape for
each layer; number of hidden units in each layer; size of layers; and types of layers. Thus, this GRU
model has been built with a certain specific architecture by Kurz and Beck[KB20]. They predicted
the closure terms from coarse-scale data and achieved up to 99.99% accuracy of cross-correlation
between predicted and exact closure terms using this architecture. The GRU architecture used,
learns the non-linear mapping between the coarse-scale velocity vector and the filtered DNS operator.
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5.3 Training

Kurz and Beck had preprocessed the input data by converting 5-D input data to 3-D and feeding it
to the GRU model. The three-dimensions of the input data are the amount of input data used for
training, the number of timesteps or sequential inputs, and the number of features. The architecture
consists of eight layers. It consists of an input layer with a shape of 3-D followed by a normalization
layer to normalize the distributions of the training set. Then it is followed by two time distributed
layers with 32 and 64 hidden units in each layer, respectively. This time distributed layer functions
like a wrapper that allows you to apply a layer to every temporal slice of an input. The fifth layer is
the GRU layer, with 64 hidden units. The input shape of this GRU layer is 3-D while its output
shape is 2-D. After this GRU layer, two dense layers are arranged with 48 and 24 hidden units,
respectively. The hidden units can also be referred to as hidden neurons. Finally, the output layer is
2-D. It can be noticed from Fig.5.2 that from the GRU layer till the output layer, the output shape of
each layer is two-dimensional. The activation functions ReLU, sigmoid, and hyperbolic tangent
were used, while the kernel initializer was He uniform. This architecture of GRU is of many-to-one
RNN type. This type of RNN uses many input values from a consecutive sequence to predict one
output value. Sequential timesteps are used to predict one value of the closure term. Figure 5.2
shows the number of layers, input and output shapes for each layer, the number of hidden units in
each layer, the size of layers, and the types of layers used for 10 timesteps of input. The smaller the
number of timesteps, the smaller the amount of input data provided to the model.

5.3 Training

The training was carried out with a train set of 5971968 samples. The models were trained for
sequential timestep inputs of 3, 5, 10, and 20. Prediction was done on 500 samples randomly drawn
from a test set of 110592 samples. Both training and prediction were done on SLURM clusters.
Figure 5.3 illustrates the input and output data. It shows that the input data is three timesteps, where
three arrays consisting of three velocities are used to predict closure terms. The output data is an
array of three closure terms. In the input data, the first array of three values are used for predicting
the first value of the array in output value. Similarly the second and three arrays of input data
are used for predicting second and third terms of the array in output value respectively. Thus, as
mentioned earlier this is an example of many-to-one RNN type, where three values of input are
used to predict one value of output.

5.4 Data for the Visual Analytics Tool

The visual analytics tool focuses on providing an interactive environment to select a range of values
for different hyperparameters. Hyperparameters are parameters which can control the learning
process of the model. The values for the hyperparameters can be set by the user before training,
unlike the values of weights and biases, which cannot be controlled by the user. Hyperparameters
play a significant role in influencing the output prediction of the model. Batch size, epochs,
activation function, learning rate, amount of input data, number of hidden layers in a NN, drop-out
rate, and optimization algorithms are some of the hyperparameters of a model. In this use case, only
five hyperparameters were considered. They are batch size, epochs, activation function, learning
rate, and the amount of input data. The values for the hyperparameters were selected for a certain
range. Table 6.1 shows the exact values that were considered. Therefore, 288 combinations of
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Figure 5.2: Architecture of GRU model with 8 layers showing input and output shape of each layer.

Figure 5.3: Sample input data with three timesteps and its respective output data.
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5.4 Data for the Visual Analytics Tool

Hyperparameters Values
Timesteps(Amount of input data) 3, 5, 10, 20
Epochs 10, 20, 40, 80
Batch Size 128, 256
Learning Rate 0.01, 0.001, 0.0001
Activation Function Relu, Sigmoid, tanh

Table 5.1: Hyperparameters of the trained GRU model and their considered range of values. The
combination of these hyperparameters resulted in 288 unique combinations.

Dimensionality reduction techniques Parameters Values
t-SNE n_components 2
t-SNE perplexity 100
t-SNE early_exaggeration 12.0
t-SNE random_state 42
PCA n_components 2
PCA random_state 99
UMAP n_components 2
UMAP init random

Table 5.2: Different dimensionality reduction techniques used for training the models and their
tuneable parameters. The tuneable parameters were used with fixed values for repro-
ducibility.

hyperparameter values were obtained. The models were trained for all 288 combinations of the
hyperparameters. After applying dimensionality reduction techniques like t-SNE, PCA, or UMAP
on hidden states, the low dimensional 2-D data of the hidden states was obtained. Table 5.2 shows
the values of the various tuneable parameters of dimensionality reduction techniques that influence
the resultant projection. Due to the fact that the GRU layer has 64 hidden units, the 3-D input
fed to the model has 64 features for each timestep of the sequential input. Therefore, when the
dimesnionality reduction technique is applied to the hidden states, the 64 features are reduced to 2
features. Thus, the 64 features for each input learned from the GRU layer are reduced to 2 features
as shown in Figs. 5.4 and 5.5. The total number of 2-D hidden state data points obtained after
applying dimensionality reduction is the multiple of the input sample count and the timesteps. It is
evident from Figs. 5.4 and 5.5 that 300 input samples of three timesteps sequential input results
in 900 two-dimensional hidden state data points after applying dimensionality reduction. Then
K-means clustering is applied on the last timestep of the hidden states and finally, information
like dimensionally reduced 2-D data points, timesteps, time increment between files, input values,
predicted values, output values, hidden state values, zeroth hidden state values, and values obtained
after applying K-means clustering are extracted from the model in JavaScript Object Notation
(JSON) format and saved in a directory.
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Figure 5.4: Dimensions of hidden states before applying t-SNE, 64 features at each timestep in 3
timesteps input.

Figure 5.5: Dimensions of hidden states after applying t-SNE. The 64 features at each timestep in
3 timesteps input are reduced to 2 features at each timestep.

5.5 Evaluation Metric

One of the main aims of this thesis is to develop a visual analytics tool for a regression task with
interactivity. Therefore, the model developed for this regression task should be evaluated in order
to know its performance. Thus, RMSE is used for evaluating the network. It is one of the most
common evaluation metrics used for regression tasks. This error helps us to find how much the
predicted closure term values are erroneous when compared to the original output values. Generally,
RMSE gives higher weightage to larger errors. This is due to the fact that errors are squared before
taking the average. The squaring of the errors prevents the errors from cancelling each other out;
thus, the error value always ends up positive. Finally, the square root helps to remove the effects of
squaring. The overall RMSE value could range between 0 and infinity. Generally, the lower the
RMSE value, the better the model fits a dataset. Therefore, using this error, the performance of the
model for a specific combination of hyperparameter values out of all 288 combinations of trained
models can be determined.

𝑦 =

√︄∑𝑁
𝑖=1 |𝑦(𝑖) − �̂�(𝑖) |2

𝑁
. (5.1)
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The RMSE error can be obtained from Eq.(5.1), where 𝑦(𝑖) is the ith output value and �̂�(𝑖) is its
corresponding prediction. N is the total number of observations.

5.6 Visualization Features of Visual Analytics Tool

The visual analytics tool was developed with HTML, CSS, and the D3.js Javascript library. All the
necessary data for the visual analytics tool was extracted in JSON files using Python. A Python
flask application acts as the backend for this tool, while HTML, CSS, and D3.js[BD13] act as the
frontend. Specifically, D3.js, an open source library of Javascript, was chosen as it has the flexibility
to transform the available data into meaningful SVG and also has a variety of functionalities to
create interactive visualizations for larger datasets[DR22]. Additionally, it adheres to the web
standards to render SVG in almost all the browsers, like Google Chrome, Firefox, and Microsoft
Edge. The Python flask application serves the requests of the users from the back end whenever the
user interacts with the tool. This tool consists of six HTML pages. Each HTML page has its own
features. The list of HTML pages is shown in Fig.5.8. The projections of the hidden states illustrated
in this tool are obtained by dimensionally reducing the 64-D to 2-D by applying dimensionality
reduction techniques. The 2-D data points represents a dimensional space point. All the projections
in this tool are rendered as SVG, which has the possibility to perform interactivity and animation by
using D3.js. As mentioned earlier, the Flask application handles the routing by mapping it to a
specific URL. Each URL route renders a specific HTML page. The URL routings handled by the
flask application and their respective rendered HTML pages are as follows:

• /home - home.html

• /available - available.html

• /next - visualizations.html

• /zerohidden - zerohidden.html

• /comparison - comparison.html

• /overall - parallelplot.html

• /errortable - RMSE.html

When the flask application server is started, it runs the flask python script and presents the home.html

page. The home.html page allows the user to select the hyperparameter. The user can view the
filename by clicking the Submit to see file name button. Then, for instance, when the user
clicks the Hidden States button, the /next URL gets triggered and the visualizations.html page
is rendered. After that, on the visualizations.html page, if the user selects a file, the flask web
application handles each interaction by transforming it into an HTTP POST request. Then the
respective file stored in json format in the directory is fetched and the necessary information
is returned as a JSON object to the visualizations.html page. After receiving the necessary
information for the visualization, D3.js in the visualization.html page aids in rendering the SVG
in the front end. This tool was developed with the following visualization features.

• Low dimensional hidden state data points are projected as 2-D.

• Heat map of hidden state data points.
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A B C

D E

Figure 5.6: Visualizations in the Visual Analytics Tool. (A): Projection of hidden states as non-
linear trajectories in 2-D space; (B): Projection of hidden states of specific input selected
by the user; (C): Hidden states visualized as scatterpoints; (D): Hidden states of specific
input visualized as heat map; (E): Projection of cluster of hidden states.

• Scatterpoints of low dimensional hidden state data points.

• Animation of the projection of low dimensional hidden state data points.

• Projection of clustering of low dimensional hidden state data points.

• Comparison of two different models.

• Projection of low dimensional zeroth hidden state data points.

• Scatterpoints of low dimensional zeroth hidden state data points.

• Parallel Coordinates plot for overall comparison with error values.

Figure 5.6 (A) illustrates the projection of hidden states for a specific combination of hyperparameter
values. The projection of a specific input value, heat map, and its scatterpoints visualization are
shown in Figs. 5.6 (B), 5.6 (C), and 5.6 (D) respectively. Figure 5.6 (E) represents the projection of
the clustering of hidden state data points.

Figure 5.7 (F) illustrates the projection of zeroth hidden states. The projection of zeroth hidden state
as scatterpoints, comparison of two different models, and parallel coordinates plot of the trained
models with their error values are shown in Figs. 5.7 (G), 5.7 (H), and 5.7 (I) respectively.
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F G H

I

Figure 5.7: Visualizations in the Visual Analytics Tool. (F): Projection of zeroth hidden states
in 2-D space; (G): Zeroth hidden states visualized as scatterpoints; (H): Comparison
of two different models by the projection of hidden states; (I): Parallel Coordinates
plot view of all the trained models with hyperparameter values and their RMSE error
values.

5.6.1 Hyperparameter Selection

One of the features of this tool is that it allows the user to have an interactive environment for
choosing values of different hyperparameters. The home.html page allows the user to choose the
values of five hyperparameters for which the model was trained. The range of values for all the
parameters can be selected from the dropdown list. This page also allows the user to save the
selected hyperparameter configuration values locally by clicking Save button. After clicking the
Submit to see file name button, the file name for the selected combination of hyperparameter
values is displayed. The home.html page is shown in the Fig. 5.9.

5.6.2 Available Models

The available.html page is the instruction guide for using the visual analytics tool. This page
contains information about all the combinations for which the models are trained, their file names,
dimensionality reduction techniques used for interactivity, and some other general information like
the color coding used in the projections for easy understanding of the projections.
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Figure 5.8: HTML pages available in Visual analytics Tool.

5.6.3 Hidden States Projections

The visualizations.html page allows the user to select a particular file which contains information
about a specific combination of hyperparameter values and projects their dimensionally reduced
2-D hidden state data points as the non-linear trajectories. Figure 5.10 illustrates the projection
of hidden states with the corresponding color code from left to right. The different colored lines
indicate the connection between the hidden state data points of various timesteps. It is evident from
Fig.5.10 that the hidden state of the 10 timesteps sequential input data is connected with different
color lines. This page also shows the input data and their respective original output values, predicted
values, and the error between them. On selecting a particular input, its respective projections can
be visualized in a black line. The heat map allows the user to understand the evolution of hidden
state information over all the hidden units for different timesteps. It indicates the contribution of
each hidden unit over all timesteps for a given input data. This page also displays information
about basic sequence length and the number of sequences used for predictions. Additionally, the
scatterpoints feature aids the user in understanding how well the projections of the hidden states of
sequential timestep inputs are scattered over the 2-D space. The animation feature aids an animated
view of the projected 2-D data points. Furthermore, the clustering option allows the user to view
the clusters of the t-SNE projected data points. This data point information was obtained as the
result of applying K-means clustering to the last timestep of the t-SNE projected data points. Figure
5.11 shows the clusters of hidden state projections with color coding. Additionally, the projections
of dimensionally reduced hidden state data points obtained from using PCA or UMAP are also
provided for the user to visualize.
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Figure 5.9: Interactive home page of visual analytics tool having provision to select hyperparameters
and their values.

5.6.4 Zeroth Hidden State

The zerohidden.html page allows the user to visualize the projections of the zeroth hidden state.
The user can select a model from the list of available models, for which the projections need to be
seen. Zeroth hidden states are a set of zeros which are applied before every new sequential input
so that it makes the model learn from that initial zero state. This page shows how the projection
looks when zero hidden states are considered. As a result, the projection appears to emerge from a
single point in 2-D space. Additionally, the scatterpoints of the zeroth hidden states can also be
visualized.

5.6.5 Comparison of Models

The comparison.html page allows the user to select two models with different combinations of
hyperparameter values and compare their projections. This visualization aids the user to get a
good insight into how the projection changes for each model with the change in hyperparameter
values. Out of all 288 combinations of trained models, each combination has a unique pattern
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Figure 5.10: Projection of hidden states for 10 timesteps input indicating the spread of timesteps
over 2-D space. The hidden states of sequential timesteps were connected by lines of
different color. The color grading is to be considered from left to right.

(a) Cluster 1 (b) Cluster 3

Figure 5.11: Projection of hidden states with 10 timesteps input clustered. Left: Fig. 5.11a shows
the clustered hidden states at timestep 1. Right: Fig. 5.11b shows the clustered hidden
states at timestep 3.

of 2-D projected data. This comparison highlights where the hidden state data points are exactly
spread over the 2-D space. Overall, this visualization view allows the user to compare a wide range
of combinations.
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Figure 5.12: Parallel Coordinates plot view of all the trained models with hyperparameter values
and their resultant error values. Left to right: Timesteps, epochs, batch size, learning
rate, activation function, error values, and test set accuracy. Red color represents
the 20 timesteps input; Light green represents the 10 timesteps input; Dark cyan
represents the 5 timesteps input; Purple represents the 3 timesteps input.

5.6.6 Overall Comparison

The parallelplot.html page allows the user to have an overview of the performance of the trained
models. The overall performance is visualized using a parallel coordinates plot. It is one way
of visualizing and exploring datasets with higher dimensions and also when the features are
multivariate. However, here in this use case, five hyperparameter values are taken, while each
hyperparameter value has its own axis placed parallel to the other. The scale of each axis could
be based on the values of the hyperparameter or it could be made uniform. Here, the axis of each
hyperparameter is made to have its own measurements in order to get a better understanding of
the data. The order in which the hyperparameters are placed next to each other also impacts the
end interpretation of the user. Therefore, values are shown as a network of linked lines across all
axes. This implies that each line is made up of a set of points that have been joined together and are
distributed along each axis. However, this plot has the disadvantage of overcluttering, for which
the hovering effect was used to highlight the specific set of points. When hovered over the lines,
only the specific combination of hyperparameters is highlighted and gives an easy visualization to
compare their error values. Figure 5.12 shows the overall performance of all trained models with
summed RMSE error values.
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Figure 5.13: Summary table consisting of the trained models with their hyperparameter values and
error values.

5.6.7 Summary Table

The RMSE.html page displays a table with the list of trained models, their respective hyperparameter
values, and their RMSE error values. The table can be sorted either by ascending or descending
order by clicking on the column name. The column RMSE error values, when sorted in ascending
order, shows that most of the models which have fewer errors have specifically 20 timesteps as
input. Thus, this table aids in achieving an insight about the best and worst performing models and
is shown in Fig.5.13. Overall, this shows that models perform well or fit better when fed with 20
timesteps of input.
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6 Results and Discussion

In this chapter, the workflow of the visual analytics tool and the insights obtained from the projections
of hidden states and the comparisons between two models are discussed. The visualizations are
illustrated using screenshots obtained from the running version of this tool. The tool has been
evaluated with the turbulence dataset and the functionalities of each features are tested.

6.1 Workflow of Visual Analytics Tool

6.1.1 General Data Flow

The Python web server is started to run the flask web application Python script. This tool consists
of seven HTML pages and one flask web application. The Python flask web application is the entry
point of this tool. The yellow colored components correspond to the frontend. The green color
component corresponds to the backend, which is a flask web application. The blue color component
represents the storage or directory where the json files required for the visualizations are stored.
The short dashed line flows from the start or entry point to the flask web application. This indicates
that once the web server is started, it runs the main flask web application. The mainflask.py Python
script presents the home page of this tool to the user. The data flow is represented by the long
dashed lines with double-sided arrows. The frontend components connected with double-sided
arrows represent the flow of request and response after the interaction of the user. The interaction
by the user triggers an HTTP request, which is a POST method. This request is served by the
mainflask.py Python script using different URL routings and the necessary response is sent to
the HTML pages. The request could be a specific JSON file or it could be a specific input in that
JSON file. In all cases, the response is sent as a JSON object to an HTML page. D3.js aids in
reading the received JSON object and renders the visualization requested by the user. The home.html

page allows the user to choose the remaining six HTML pages. Therefore, home.html is connected
with lines to the remaining six pages. Of the seven HTML pages, four are dynamic pages, where
the content of the page changes based on the request of the user. The dynamic HTML pages are
home.html, visualizations.html, zerohidden.html, and comparison.html. The remaining three
HTML pages, available.html, parallelplot.html, and RMSE.html, are static. parallelplot.html
allows the user to hover over the lines to highlight a specific combination of hyperparameter values.
RMSE.html page displays a table with the list of trained models, their respective hyperparameter
values, and their RMSE error values. The table can be sorted either in ascending or descending
order by clicking on the column name. Figure 6.1 shows the workflow of the tool, with frontend
and backend components connected with connector lines indicating the workflow and data flow of
information.
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Figure 6.1: Workflow of the visual analytics tool with the frontend, backend, and storage components
indicated in yellow, green, and blue colors respectively. The direction of the flow of
data between the components is represented by long dashed double-sided arrows. The
short dashed arrows represent the work flow from the entry point of the tool to the
home page. All the HTML pages available in the home page are represented by normal
arrows.

6.1.2 Workflow for the Visual Analytics Tool

The workflow for the analysis of interpretation and exploration of hidden states begins with
home.html. The parallel coordinates plot displays the overall performance of all the trained models
with the hyperparameter values and their error values. In addition to that, it provides an insight
about the test set accuracy of the trained models. Hence, the user should click the Overall Error

value comparison button to view the available models. The user can hover over the specific models.
Additionally, the user can view the exact and accurate hyperparameter details about the model from
the summary table available in the RMSE.html page. In order to view the table the user should click
the Summary Table button. After that, in order to to explore the interested model, the user should
choose the hyperparameter values from the drop-down list on the home page, and after selecting
the values for the hyperparameter, the Submit to see file name button should be clicked to see
the name of the file for the selected combination of hyperparameters. Then, after knowing the file
name, the user should click the Hidden States button in the home.html. This button click presents
the visualizations.html page and the user should choose the desired file name. After choosing
the file name, the projection of hidden states for that trained model is visualized. This button click
also loads a data table consisting of all the input values used in training, their respective output and
prediction values, and the RMSE error value for each input. Then checking any of the t-SNE, PCA,
or UMAP checkboxes displays the projection of hidden states obtained by applying t-SNE, PCA, or
UMAP respectively. Furthermore, by clicking any particular input value in the data table shown,
the projection of the hidden state for that specific input is presented. Additionally, a heat map
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for the specific input is presented. The heat map shows the contribution of each hidden unit for
all the timestep of the inputs. In order to view the animation of the projection of hidden states
the Animate checkbox should be checked and the Do animate button should be clicked. Similarly,
the Scatterpoints checkbox should be checked and the Do Scatter button should be clicked, in
order to view the projection of hidden states as scatterpoints. In addition, the desired cluster

checkboxes should be checked and Cluster button should be clicked to view the clusters of hidden
state projections. Furthermore, by selecting the required file, the projection of hidden states along
the zeroth hidden state can be visualized. Once the data from the file gets loaded, the Zeroth Hidden

states button should be checked to visualize the projections. In order to see the projection of zeroth
hidden states as scatterpoints, the Scatterpoints checkbox should be checked and the Do Scatter

button should be clicked.

The workflow for the analysis of comparing two different models begins with home.html. The
user can compare the projection of hidden states of two models. In order to compare the models,
first the available trained models should be known. The available models can be checked by
visiting the available.html page or by visiting the RMSE.html page. After deciding the models to be
compared, the user should click the Comparison of Models button. Then in the comparison.html

page, the required filename of the two models should be selected. This event of clicking presents
the projections of hidden states of two models along with the basic information about the models. It
displays the number of samples used for training, test set accuracy values, and sequence length or
number of input timesteps.

6.2 Discussion and Analysis

We present four different analyses obtained from our visual analytics tool. Firstly, the interpretation
and exploration of the hidden states, as well as the contribution of each hidden unit, can be
investigated. Secondly, an analysis can be obtained by comparing two models with different
hyperparameter configurations. Thirdly, for the turbulence dataset, an analysis of the exploratory
data analysis and overall performance of the trained models is performed. Finally, several models
can be compared based on their accuracy and their hidden patterns.

6.2.1 Analysis 1: Interpretation and Exploration of Hidden States

One of the analyses obtained from this tool is the deep understanding of the interpretation and
exploration of the hidden states of the RNN model. This can be achieved by following the workflow
mentioned in the Section 6.1.2. The hyperparameter configuration of the trained model is shown in
the Table 6.1 and it indicates that the model is trained with 10 epochs for 10 consecutive timesteps
as input. As mentioned earlier, the prediction is done for 500 randomly chosen data samples. As
the input is sequential with 10 consecutive timesteps, each timestep has 64 characteristics for the
500 randomly chosen data samples. The 64 features are obtained as a result of the 64 hidden units
in the GRU layer. By setting the return sequences argument to true, the hidden states for each
timestep can be extracted. This parameter return sequences can be found in the GRU function of
the Scikit-learn library in Python. Therefore, the output shape of the GRU layer results in 3-D and
it is (500, 10, 64). Here, 500, 10, and 64 represent the number of input data samples, total number
of timesteps, and number of hidden states from the hidden units, respectively. When these hidden
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Figure 6.2: Projection of hidden states over 2-D space along with the color coding.

Hyperparameters Values
Timesteps(Amount of input data) 10
Epochs 10
Batch Size 128
Learning Rate 0.001
Activation Function Sigmoid

Table 6.1: Hyperparameters of the trained GRU model and its range of values.

states are applied with a t-SNE dimensionality reduction technique, the 64 features are reduced to 2
features. Hence, the final shape results in (5000, 2). Therefore, 500 data samples of 10 timesteps
result in 5000 data points. Each hidden state data point represents a timestep that is dimensionally
reduced. The projection of the hidden states of 10 timesteps input with 500 data samples consists of
5000 data points in 2-D space and is shown in Fig.6.2. The dimensionally reduced hidden states
data points are connected with lines of different colors in non-linear trajectories. This projection
employs linear interpolated color coding. The colors should be considered from left to right. For
instance, carmine is the first color in the color coding, which is used to connect hidden states of
first and second timesteps. Table 6.2 shows the nine colors that flow between the hidden states.
Similarly, there are eight different colors of lines that connect the hidden states of 10 timesteps.
Hence, based on the number of timesteps of input, the number of lines with different colors varies.
The 5000 hidden state data points are depicted in Fig.6.3 over the 2-D space. The color gradient
is used to denote each timestep. Table 6.3 shows the hidden states in low dimension, with each
color representing one timestep. For instance, the royal purple color the first timestep visualized as
scatterpoints over 2-D space. Similarly, the remaining nine distinct colors of lines represent the
remaining timesteps.
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Figure 6.3: Low dimensional representation of hidden states as scatterpoints along with the color
coding.
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Figure 6.4: Heat map representing the contribution of hidden units for each timestep. X-axis
represents the total number of hidden neurons in the GRU layer (i.e.,64), while Y-axis
represents the timesteps.
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Line Colors
1 Carmine
2 Persian Red
3 Burnt Sienna
4 Rajah
5 Vis Vis
6 Shalimar
7 Reef
8 Feĳoa
9 Fern

Table 6.2: Color of the lines connecting the low dimensional hidden states data points.

Timesteps Colors
1 Royal Purple
2 Fuchsia
3 French Rose
4 Coral
5 Gold Tips
6 Conifer
7 Screaming Green
8 Shamrock
9 Summer Sky
10 Royal Blue

Table 6.3: Color of the hidden states data points in low dimension grouped by timesteps. This
represents the hidden states as scatter points.

The contribution of each hidden unit over all timesteps for a given input dataset is depicted in Fig.6.4.
As mentioned earlier, the GRU layer has 64 hidden units. Hence, the intensity of each individual
block represents how much the block has contributed to the prediction of output when compared to
the previous block. For instance, timesteps 2 to 10 have contributed more to the prediction of output
for hidden unit 60 than the timestep 1. Similarly, timestep 1 has more influence than the rest of the
timesteps for hidden unit 6. Overall, this heat map depicts the visualization of hidden states before
applying the dimensionality reduction techniques. Additionally, the RMSE error for each input
sample can be viewed in the table when the information for the specific model is loaded. Figure 6.7
shows the input data, output values, predicted values, and RMSE error for each input sample.

The tool allows the user to visualize the projection of hidden states for each individual input with a
black line. Figure 6.5 shows the zoomed in projection of hidden states with timesteps represented
in different colors of circles. Therefore, it indicates how well the hidden states are distributed for
each input. The transition of inputs can be visualized and is shown in Fig. 6.6. The left part of
the figure represents the projection of hidden states for the first input sample, and the right part
represents the projection of hidden states for the second input sample. Both the specific inputs are
represented by the black lines.
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Figure 6.5: Projection of hidden states for 10 timesteps showing a particular input after interactivity.
The circle with different colors indicates the hidden states of sequential timesteps input
and are connected with the black lines to indicate the spread of specific selected input
as a result of the interactivity.

The animation of the projection of hidden states is shown in the Fig. 6.8. It is well explained
how the projection appears at various time units during the animation. The animation also aids
in understanding how all the hidden states of the input samples are aligned in the 2-D space.
Additionally, K-means clustering was applied to the last timesteps of the low dimensional hidden
states. This implies how the hidden states are clustered and it shows the similarity among the hidden
state data points at the last timestep. The tool was developed in such a way that the number of
clusters depends on the number of timesteps for the input. It is illustrated in the Fig.6.9, among 10
available clusters for 10 timesteps of input, cluster 1 and cluster 3 are projected. These clusters
represent hidden states that have similarities.
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Figure 6.6: Projection of hidden states for 10 timesteps input showing a transistion from one input
to another input. Left: The projection of hidden states for first input sample; Right:
The projection of hidden states for second input sample.

Figure 6.7: Table displaying the input data, output values, predicted values, and RMSE error for
each input sample.

The projection of hidden states along with the zeroth hidden state is shown in Fig. 6.10. This
depicts the influence of the zeroth hidden state for the same configuration in Tab. 6.1. It is clear that
when comparing Figs. 6.2 and 6.10, both appear almost similar. Because of the zeroth hidden state,
it appears that the projection of the hidden states emerges from a single point. The visualization
has 11 timesteps, hence there are a total of 10 different colors of lines connecting the hidden state
data points at each timestep. Technically, the zeroth hidden state is a data point in 2-D space. This
projection is also visualized as scatterpoints, which is shown on the right side of this figure.

In addition to t-SNE projections, the tool allows for the visualization of hidden states in low
dimensions using PCA and UMAP. Because the dataset is nonlinear, the results of t-SNE projections
are more promising than those of PCA and UMAP. Hence, all the projections of hidden states
depicted and illustrated in this section are obtained as a result of t-SNE dimensionality reduction
technique. Figure 6.11 shows the projections obtained from PCA and UMAP.

6.2.2 Analysis 2: Comparison of Two Models based on the Projection of Hidden
States

The comparison of two models can be performed by following the workflow provided in Section
6.1.2. The difference in projection of their hidden state data points can be studied when two models
are compared. This analysis can be particularly helpful in taking decisions when a model with the
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Figure 6.8: Animation of the Projection of hidden states for 10 timesteps input . (1): The projection
of hidden states after 5 seconds; (2): The projection of hidden states after 10 seconds;
(3): The projection of hidden states after 20 seconds; (4): The projection of hidden
states after 40 seconds.

Figure 6.9: K-means clustering on the last timestep of hidden states data points results in various
clusters. Left: Projection of low dimensional hidden states data points of Cluster 1;
Right: Projection of low dimensional hidden states data points of Cluster 3.
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Figure 6.10: Projection of hidden states including zeroth hidden states. Left: Projection of low
dimensional zeroth hidden states data points; Right: Projection of low dimensional
zeroth hidden states data points as scatterpoints.

Figure 6.11: Projection of hidden states obtained from PCA and UMAP techniques. Left: Projection
of hidden states data points from PCA; Right: Projection of hidden states data points
from UMAP.
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Configurations Comparison 1 Comparison 2 Comparison 3
Model 1 Model 2 Model 1 Model 2 Model 1 Model 2

Timesteps 10 10 10 10 10 20
Epochs 10 10 10 40 10 80
Batch Size 128 128 128 128 128 256
Learning Rate 0.0001 0.0001 0.0001 0.0001 0.001 0.01
Activation Function Relu Sigmoid Relu Relu Relu Sigmoid
Error value 2446 3768 2446 307 2446 3712

Table 6.4: Table represents the configurations of the two compared models. Comparison 1 represents
the configuration of two models with 10 sequential timesteps input and different activation
functions ReLU and sigmoid. Comparison 2 represents the configuration of two models
with 10 sequential timesteps input and different number of epochs 10 and 40. Comparison
3 represents the configuration of two models with 10 and 20 sequential timesteps as
input and different hyperparameter configurations.

best performance is compared with a model with lower performance. Comparison 1 in Fig.6.12
illustrates that two models with 10 timesteps as input have the same hyperparameter configurations
except the activation functions are compared. This indicates that changing the activation function
can change the resulting projections. However, since both of the models have 5000 data points,
the projections differ. When verifying the error values of both models from the RMSE.html page,
it is known that the model 1 projected in Fig.6.12 has fewer error values than the model 2. The
configurations of both the models are shown in Tab.6.4.

Comparison 2 in Fig.6.12 illustrates that two models with 10 timesteps as input have the same
hyperparameter configurations except the number of epochs. This indicates that changing the
number of epochs used during training can alter the resultant projections. However, since both of
the models have 5000 data points, the projections differ. When the error values of both models
are compared using the RMSE.html page, it is clear that the model 2 shown in Fig.6.12 has lower
error values than the model 1 shown. The configurations of both the models are shown in Tab.6.4.
This figure also illustrates that, out of ten input timesteps, timesteps 3 to 10 are near to each other
in model 1 over the 2-D space. While the timesteps 3 to 10 lie close to each other, almost all of
the hidden state data points are distributed near to each other in 2-D dimensional space in model
2. Because of the fact that model 2 is trained for a greater number of epochs, the overall error
values result in 307. Therefore, model 2 outperforms model 1, and their hidden state projections are
visualized.

Comparison 3 in Fig.6.12 illustrates that two models with 10 and 20 timesteps as input, having
completely different hyperparameter configurations are compared. This indicates that changing the
hyperparameter configurations can affect the resultant projections. However, since model 1 has
5000 data points and model 2 has 10000 data points, the projections differ. When the error values
of both models are compared using the RMSE.html page, it is clear that model 1, which is in Fig.6.12
has a lower error value than model 2. The configurations of both the models are shown in Tab.6.4.
This figure also illustrates that, out of 10 timesteps as input, timesteps 3 to 10 are close to each
other in model 1 over the 2-D dimensional space, resulting in less error. The projections in these
comparisons are obtained as result of applying t-SNE.
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Comparison 1 Comparison 2 Comparison 3

1 1 1

2 2 2

Figure 6.12: Comparisons of two models under different use cases. Comparison 1 represents
two models with 10 sequential timesteps of input and different activation functions
ReLU (1) and sigmoid (2) compared. Comparison 2 represents two models with
10 sequential timesteps of input and different number of epochs 10 (1) and 40 (2)
compared. Comparison 3 represents the comparison of two models with 10 (1) and 20
(2) sequential timesteps as input and different hyperparameter configurations. These
projections are obtained by applying t-SNE.

6.2.3 Analysis 3: Exploratory Data Analysis and Overall Performance of all the
Trained Models

The parallel coordinates plot displayed in Fig.5.12 can be used to visualize the exploratory data
analysis and overall performance of all trained models. In order to view this parallel coordinates
plot, the user should click Overall Error value comparison. The parallel coordinates plot consists
of seven axes, the first five of which reflect the five hyperparameters used to train the models, while
the remaining two axes indicate the RMSE error values and test set accuracy of the trained models.
The RMSE errors are obtained by summing all the individual RMSE errors for each data sample.
Thus, the RMSE error is the sum of all the 500 data samples used for prediction. Meanwhile,
four test set category values have been obtained. They are 100, 81, 56, and 0 respectively. The
five hyperparameters are placed in the following order: timestep (amount of input data), epochs,
batch size, learning rate, and activation function. The scales of each axis are determined by the
hyperparameter values used to train the model. For easier identification, the colors of parallel
coordinates plot lines are grouped depending on the timesteps. The timesteps and their respective
colors are shown in the Tab.6.5
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Timesteps Colors
3 Purple
5 Dark Cyan
10 Light Green
20 Red

Table 6.5: Color of parallel coordinates plot lines grouped by timesteps.

Figure 5.12 shows that when the model is trained with 20 timesteps as input, the model has the
lowest error and highest test set accuracy for most of the hyperparameter combinations. This implies
that the model fits better with 20 input timesteps. In particular, the model trained with 20 timesteps
of input along with ReLU and hyperbolic tangent activation functions results in the minimum error.
While models trained with 20 timesteps of input and a sigmoid activation function result in error
rates ranging from 2000 to 3000. Furthermore, regardless of other hyperparameter values, models
trained with three and five timesteps produce error rates ranging from 3000 to 4000. This indicates
that when trained models are trained with a greater number of timesteps, their overall performance
improves. Accurate RMSE error values and test set accuracy can also be checked in the RMSE
error table available on the RMSE.html page. The user should click Summary Table button on the
home.html page to view the error values. This table can be sorted in either ascending or descending
order by clicking the columns.

As mentioned in Section 5.6.6, the order in which the hyperparameters are positioned adjacent
to each other impacts the end interpretation of the user. Therefore, a parallel coordinates plot
was visualized with the hyperparameters rearranged in order and placed next to each other. Figure
6.13 (A) shows the hyperparameters placed adjacent to each in the above mentioned order. Figure
6.13 (B) depicts placing the learning rate axis before the error values axis instead of the activation
function axis, and demonstrates that models trained with 20 timesteps as input perform well for
learning rates of 0.001 and 0.0001. Thus, the lower the value of the learning rate, the better the
performance of the model.

Figure 6.13 (C) shows the batch size axis being placed before the error values axis rather than the
activation function axis, illustrating that models trained with 20 timesteps as input perform better for
a batch size of 128. Similar analysis can be performed for epochs. Figure 6.13 (D) shows placing
the epochs axis before the error values axis rather than the activation function axis, demonstrating
that models trained with 20 timesteps perform well for epochs of 80 and 40. Among the first 15
minimum error values, in particular, epoch 80 contributes the most to the least error. Figure 6.13
(E) shows the timestep axis being placed before the error values axis rather than the activation
function axis, illustrating that models trained with 20 timesteps as input perform better than the
models trained with other timesteps as input.

These analyses indicate that the trained models are influenced by certain combinations of hyperpa-
rameters. Thus, the importance and influence of each hyperparameter value for 20 timesteps as
input is thoroughly examined. The same analysis may be achieved using 3, 5, and 10 timesteps
as input, as illustrated in Figs. 6.14 (F), 6.14 (G), and 6.14 (H) respectively. The model with
three timesteps as input results in more error values ranging between 3000 and 4000. Meanwhile,
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Figure 6.13: Parallel Coordinates Plot hovered over 20 timesteps input (Red). (A): shows activation
function axis placed as 5th axis;(B): shows learning rate axis placed as 5th axis; (C):
shows batch size axis placed as 5th axis; (D):shows epochs axis placed as 5th axis. All
these 5th axes are compared with error values in the 6th axis.

Figure 6.14: Parallel Coordinates Plot hovered over timesteps input.(E): shows timesteps axis
placed as 5th axis and compared with error values axis in the 6th axis (Red); (F):
shows parallel coordinates plot when hovered over 3 timesteps input (Purple); (G):
shows parallel coordinates plot when hovered over 5 timesteps input (Dark Cyan); (H):
shows parallel coordinates plot when hovered over 10 timesteps input (Light Green).
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Figure 6.15: Randomly picked projections of t-SNE hidden states of the trained models grouped
according to their accuracy values.

the model with five timesteps as input results in error values ranging between 2000 and 4000. In
particular, a few models with five timesteps as input result in better performances than models with
three timesteps as input, resulting in less error.

6.2.4 Analysis 4: Comparison of Models based on their Accuracy

The exploratory data analysis carried out using parallel coordinates plot shows the performance of
the trained models by evaluating their error values and test set accuracy. Thus, it is evident from the
plot that the trained models fall under four categories of accuracy. They are 100, 81, 56, and 0.
Therefore, models that perform well for certain hyperparameters and models that do not perform
well can be identified easily.

Figure 6.15 shows the hidden state projections of 16 trained models with accuracy levels of 100,
81, 56, and 0. The hyperparameter values of the trained models as well as their error values are
shown in Fig.6.16. An analysis of the trained models can be obtained by referring to both the
figures. Most models with an accuracy of 100 have 20 input timesteps, a learning rate of 0.001, and
an activation function of hyperbolic tangent as hyperparameter values. These models show that
this exact combination of hyperparameter values leads to improved performance. Their projections
illustrate that the lines connected between two low dimensional hidden state data points converge for
more number of timesteps than the models in the other accuracy categories. In specific, the earlier
timesteps of an input are converged more than the latter timesteps of the same input. Therefore, the
models learn more information in the earlier timesteps. For instance, models 2 and 3 in accuracy
level 100 have nine timesteps and 10 timesteps converged together, respectively. Meanwhile, model
1 can be considered an outlier where no more than three timesteps are converged together. Based
on their configuration values and projections, it can be concluded that models perform better for
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Figure 6.16: Hyperparameter values of the trained models grouped according to their accuracy
values. The numbering corresponds to the projections in Fig. 6.15 for each of the
accuracies.

turbulence data when they are trained with a larger number of timesteps as input and a hyperbolic
tangent activation function. Furthermore, the earlier timesteps of an input, in which the hidden
state data points are converged together are the timesteps where the model learns a large number of
hidden patterns about the turbulence data. As a result, the earlier timesteps of an input have more
influence on the output prediction.

The models from accuracy 81 have 20 input timesteps, a fewer number of epochs than models from
accuracy level 100, and an activation function of either ReLU or Sigmoid. As a result of these
combinations of hyperparameter values, the error values for all models in this category are nearly
identical. However, the projections illustrate that the lines connected between two low dimensional
hidden state data points converge only for a smaller number of timesteps than the models from
accuracy level 100. Due to the fewer number of epochs, the model is able to learn the hidden
pattern for only a limited number of timesteps. For instance, model 1 from accuracy 81 has only
four timesteps converged together despite having 20 timesteps as input. Furthermore, models 2 and
4 have nearly identical configurations except number of epochs and learning rate; their projections
show that, due to change in learning rate and number of epochs, model 4 converges for a greater
number of timesteps than model 2.

The category of accuracy level 56 consists of mostly models from three and five timesteps. Their
projections indicate that they do not converge much and have lower accuracy values because of their
lower number of timesteps as input. The models do not have enough data to learn the underlying
patterns in turbulence data due to the smaller timesteps. Hence, it is clear that lower timesteps of
input data have only limited information about the turbulence data. For instance, model 3 has 80
epochs, but due to 5 timesteps as input, the model is not provided enough information to predict the
accurate output.
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The models from accuracy 0 indicate that models do not fit well for the combination of hyperparameter
values in which they were trained. As a result, their projections show that they converge only for a
few timesteps, despite having 20 timesteps as inputs. For instance, models 1 and 2 converge only for
timesteps 1 and 2, while the remaining timesteps from 3 to 20 diverge to a greater extent. Therefore,
models do not learn much about the hidden patterns, resulting in higher error values. Thus, the
projections converging for fewer timesteps leads to higher error.

The activation function plays a vital role in influencing the output. This is evident from the parallel
coordinates plot where in particular hyperbolic tangent activation function is the reason behind the
models with better performance. Another important hyperparameter that plays a significant role is
learning rate. It can be observed that models with 0.001 as learning rate has better accuracy when
trained with 20 timesteps of input. Additionally, the models with 0.0001 as learning rate perform
better to some extent and it can be seen from the models with accuracy level 81. Meanwhile, the
models with 0.01 as learning rate has lower accuracy. This is because the model with higher learning
rate of 0.01 hinders the model from performing better. Overall, for this particular turbulence data
the model trained with more timesteps as inputs and moderate learning rate perform well resulting
in predicting more accurate closure terms.

The goal of exploring the internal hidden states of RNN, comparison of models with different
configurations based on their projection and accuracy, and the provision to provide an interactive
environment for the user to explore and analyze was well demonstrated with the turbulence data.
Additionally, the exploratory data analysis on the turbulence data provides a general overview, which
increases the feasibility of employing this visual analytics tool for future research work. Thus, the
goals of this thesis were achieved and demonstrated successfully.
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The interpretation and exploration of internal hidden states of RNN models for a regression task
are an ongoing challenge. To address this ongoing challenge, in this thesis, a visual analytics
approach for exploring the internal hidden state information of the RNN models has been proposed
and a visual analytics tool has been presented. The contributions made in the fields of visual
analytics, machine learning, dimensionality reduction, and so on have been utilized to develop this
approach.

7.1 Summary

To address the problem statement, a visual analytics tool with several visualization approaches
has been developed. This tool was developed particularly for the GRU model and demonstrated
with turbulence data from the aerodynamics domain. The GRU model is trained using a number
of hyperparameter configurations such as batch size, epochs, activation function, learning rate,
and amount of input data. The tool allows the user to visualize models that have been trained for
specific combinations of hyperparameter values. It also allows the user to choose and compare
two different models. Thus, this thesis concludes three significant pieces of information. To begin
with, it demonstrates to the user how the underlying hidden state information of the RNN model is
processed when a time sequential input is provided. Secondly, it sheds light on the turbulence dataset
by visualizing the hidden state projections in 2-D space for various hyperparameter combinations.
Finally, the various visualization techniques of the tool, such as heat map, explain how each hidden
state for all the hidden units in the GRU layer contributes to output prediction. Furthermore,
the scatterpoints and the animation features suggest an alternative perspective for visualizing the
projection of the hidden states.

Besides displaying the projection of hidden states for each input, this tool also provides another
significant information about the overall view of the performance of the trained models for the
turbulence dataset. It clearly indicates that the turbulence data applied to the GRU model performs
well for configuration of certain hyperparameter values by resulting in a minimal error. Thus, the
influence of hyperparameters on the output was investigated. Finally, the comparison of GRU
models shows how the projections of the hidden states differ as the hyperparameter values changes.
It also identifies which factors play a significant influence in distinguishing between better and worse
performing models. Additionally, it implies that each of the 288 trained configurations has a unique
projection of hidden states. Overall, this tool addresses the issue of users who view the machine
learning application as a blackbox model. As a result, the goal of interpreting and exploring the
internal hidden states of RNN models for a regression task has been accomplished.
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7.2 Future Scopes

Based on this thesis research, we believe the following points are some of the promising future
scopes to explore:

• The GRU model was only trained for five hyperparameter combinations with a limited range
of values. This can be further investigated by considering other available hyperparameters
such as number of neurons, number of hidden layers and training them with a wide range of
values. Thus, the behaviour and performance of the model for the dataset and the internal
hidden state information can be analyzed. Furthermore, training the model with a larger
number of hyperparameters gives the user more alternatives and possibilities for selecting
and exploring visualizations.

• K-means clustering was applied to the last timesteps of low dimensional hidden state data
points, and hence the similarities between the hidden states were explored. Instead, other
clustering algorithms like density based clustering, distribution based clustering can be
considered, which would result in finding some additional insights when combined with the
previously explained future scope.

• The values of certain tuneable parameters like perplexity, random state, and early exaggeration
used in the dimensionality reduction techniques were constant for all the trained models.
These parameters influence the end results to a certain level. As a consequence, the values
of these tuneable parameters can be altered and further studied, which can lead to various
outcomes that provide insightful information about the turbulence data.

• The concepts of SHAP and LIME were applied to the turbulence dataset. However, a
promising insight could not be achieved due to the time series nature of the dataset. As a
result of the large dimensionality of the dataset, further preprocessing is required before using
the approaches. The preprocessing of time series data requires more precise steps in order
to preserve much of the time series information from the original data. Therefore, further
research can be carried out by preprocessing the data in such a way that the data is suitable to
apply and explore the feature importance with these techniques.
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